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ABSTRACT
We present the first comprehensive study of r-process element nucleosynthesis in the
ejecta of compact binary mergers (CBMs) and their relic black-hole (BH)-torus sys-
tems. The evolution of the BH-accretion tori is simulated for seconds with a Newtonian
hydrodynamics code including viscosity effects, pseudo-Newtonian gravity for rotat-
ing BHs, and an energy-dependent two-moment closure scheme for the transport of
electron neutrinos and antineutrinos. The investigated cases are guided by relativistic
double neutron star (NS-NS) and NS-BH merger models, producing ∼3–6M BHs
with rotation parameters of ABH ∼ 0.8 and tori of 0.03–0.3M. Our nucleosynthe-
sis analysis includes the dynamical (prompt) ejecta expelled during the CBM phase
and the neutrino and viscously driven outflows of the relic BH-torus systems. While
typically ∼20–25% of the initial accretion-torus mass are lost by viscously driven out-
flows, neutrino-powered winds contribute at most another ∼1%, but neutrino heating
enhances the viscous ejecta significantly. Since BH-torus ejecta possess a wide distri-
bution of electron fractions (0.1–0.6) and entropies, they produce heavy elements from
A ∼ 80 up to the actinides, with relative contributions of A >∼ 130 nuclei being sub-
dominant and sensitively dependent on BH and torus masses and the exact treatment
of shear viscosity. The combined ejecta of CBM and BH-torus phases can reproduce
the solar abundances amazingly well for A >∼ 90. Varying contributions of the torus
ejecta might account for observed variations of lighter elements with 40 6 Z 6 56
relative to heavier ones, and a considerable reduction of the prompt ejecta compared
to the torus ejecta, e.g. in highly asymmetric NS-BH mergers, might explain the com-
position of heavy-element deficient stars.
Key words: nuclear reactions, nucleosynthesis, abundances – hydrodynamics – neu-
trinos – accretion, accretion discs – stars: neutron – stars: black holes
1 INTRODUCTION
Double neutron star (NS-NS) and neutron star-black hole
(NS-BH) binaries radiate gravitational waves and their or-
bits shrink due to the associated angular momentum and
energy loss until, after millions to hundreds of millions of
years, a catastrophic merger event terminates the evolution
of these binary systems. The frequency of such events can
be estimated on grounds of the known double NS systems in
the solar neighborhood (e.g., Kalogera et al. 2004) and the-
oretical population synthesis studies (e.g., Belczynski et al.
2008) to be of the order of one NS-NS merger in some 105
years for Milky Way-like galaxies and possibly up to several
times this rate for NS-BH mergers, but these numbers con-
tain considerable uncertainties (Postnov & Yungelson 2014).
Compact binary mergers are among the most promising
extragalactic sources of gravitational waves (GWs) in the
<∼ 100 to >∼ 1000 Hz range to be measured by the upcoming
advanced interferometer antennas (advLIGO, advVIRGO,
KAGRA). Strong arguments suggest that their remnants
are good candidates for the still enigmatic central engines
of short gamma-ray bursts (GRBs; see, e.g., Berger 2014;
Nakar 2007 for reviews). The merger rate, reduced by the
beaming factor measuring the probability that the Earth is
hit by the collimated, ultrarelativistic GRB beam, can well
account for the number of detected short GRBs.
Moreover, a small fraction of the NS matter can be ex-
pelled during and after the coalescence of the binary compo-
nents. Because of its extremely neutron-rich initial state, this
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matter has long been speculated to be a possible site for the
formation of r-process nuclei (Lattimer & Schramm 1974,
1976; Eichler et al. 1989). Indeed, Newtonian (e.g., Ruffert
et al. 1997; Ruffert & Janka 1999, 2001; Janka et al. 1999;
Rosswog et al. 1999; Freiburghaus et al. 1999; Rosswog 2005;
Korobkin et al. 2012) and conformally flat general relativis-
tic (e.g., Oechslin et al. 2007; Goriely et al. 2011b; Bauswein
et al. 2013b) as well as fully relativistic (e.g., Kyutoku et al.
2011, 2013; Hotokezaka et al. 2013a,b; Deaton et al. 2013;
Wanajo et al. 2014; Foucart et al. 2014) hydrodynamical
simulations of NS-NS and NS-BH mergers with microphysi-
cal equations of state (EOSs) have demonstrated that typi-
cally some 10−3 M up to more than 0.1M can become
gravitationally unbound on roughly dynamical timescales
due to shock acceleration and tidal stripping. Also the relic
object, either a hot, transiently stable hypermassive NS
(HMNS; stabilized by differential rotation and thermal pres-
sure; Baumgarte et al. 2000) and later supermassive NS
(SMNS; stabilized by rigid rotation and thermal pressure) or
a BH-torus system (Fig. 1, upper panel), can lose mass along
with its secular evolution in outflows that are driven by vis-
cous energy dissipation and turbulent angular momentum
transport, magnetic pressure, nucleon-recombination heat-
ing and neutrino-energy deposition (Fig. 1, lower panel; e.g.,
Popham et al. 1999; Ruffert & Janka 1999; Dessart et al.
2009; Ferna´ndez & Metzger 2013; Siegel et al. 2014; Metzger
& Ferna´ndez 2014; Perego et al. 2014. Such ejecta could be
interesting environments for r-process, p-process, and nickel
nucleosynthesis (e.g., Surman et al. 2008; Caballero et al.
2012; Wanajo & Janka 2012; Malkus et al. 2014; Surman
et al. 2014, and references therein).
The presence of significant mass fractions of radioac-
tive material (nickel, r-nuclei,....) was pointed out to lead
to long-term decay heating of the material ejected by com-
pact binary mergers and thus to thermal radiation that can
potentially be observed as electromagnetic transient (Li &
Paczyn´ski 1998) termed “macro-nova” (Kulkarni 2005) or
“kilonova” (Metzger et al. 2010; Metzger & Berger 2012). In-
deed, a near-infrared data point at the position of the short-
hard GRB 130603B about 7 days (rest-frame time) after the
burst was interpreted as possible first detection of such an
r-process powered transient (Berger et al. 2013; Tanvir et al.
2013), because its temporal delay, color, and brightness are
compatible with theoretical light curve calculations for an
assumed ejecta mass of some 10−2 M, taking into account
the fact that r-process nuclei, in particular the abundant
lanthanides, increase the opacity by roughly a factor of 100
compared to iron (Barnes & Kasen 2013; Kasen et al. 2013;
Hotokezaka et al. 2013b; Tanaka & Hotokezaka 2013; Tanaka
et al. 2014; Grossman et al. 2014).
Nucleosynthesis calculations agree (e.g., Freiburghaus
et al. 1999; Goriely et al. 2005; Roberts et al. 2011; Goriely
et al. 2011b; Korobkin et al. 2012; Bauswein et al. 2013b;
Rosswog et al. 2014; Wanajo et al. 2014) that the dynami-
cal ejecta of the merging phase provide sufficiently neutron
rich conditions for a robust r-processing up to the third
abundance peak and the actinides, although the theoret-
ical predictions show considerable differences in important
details, depending on the exact conditions in the ejecta (elec-
tron fraction, Ye, expansion velocity, and specific entropy)
and the employed nuclear physics, in particular the theo-
retical assumptions about the fission-fragment distribution
(cf. Goriely et al. 2013). Relativistic NS-NS mergers (e.g.,
Bauswein et al. 2013b), for example, tend to produce faster
ejecta than Newtonian simulations (e.g., Roberts et al. 2011;
Korobkin et al. 2012; Rosswog et al. 2014; Grossman et al.
2014), and —compared to models that disregard neutrino
effects (e.g., Goriely et al. 2011b; Bauswein et al. 2013b)—,
the Ye in the ejecta is slightly higher when neutrino emission
is included (e.g., Korobkin et al. 2012) and could even be sig-
nificantly higher when neutrino emission and absorption are
both taken into account (Wanajo et al. 2014). Slower mass
ejection and a wider spread of the neutron excess enable the
creation of r-nuclei with mass numbers above A ∼80–110,
whereas fast, very neutron-rich ejecta lead only to species
with A >∼ 130–140. The exact structure of the second and
third peaks as well as the quality of reproducing the so-
lar r-element distribution in the rare-earth region depends
sensitively on the nuclear reaction rates and the fission frag-
ment yields, if fission recycling plays an important role. In
any case, however, a robust and strong production of lan-
thanides and third-peak material can be expected.
The hydrodynamics and nucleosynthetic output of
merger remnants are less well studied than those of the dy-
namical merging phase or immediate post-merging phase,
mainly because simulations of the evolution of relic massive
NSs or BH-torus systems need to be carried out over much
longer time intervals. Magnetic fields, turbulence, and vis-
cous effects play important roles and add complications, and
a reasonably good treatment of neutrino production, absorp-
tion, and transport is indispensable to obtain reliable predic-
tions of the nucleosynthetic conditions in outflows. First in-
teresting modeling attempts of rapidly rotating post-merger
HMNSs or SMNSs including a neutrino treatment in two-
and three dimensions (2D, 3D) exist (Dessart et al. 2009;
Metzger & Ferna´ndez 2014; Perego et al. 2014), but the
enormous complexity of the problem still enforces consid-
erable simplifications, among them short evolution phases,
purely Newtonian gravity, the disregard of magnetic-field ef-
fects, simple neutrino treatments, or a parametric, not fully
self-consistent description of the neutron-star core as a neu-
trino emitting boundary irradiating a surrounding disk, or
a combination of several of these assumptions.
Hydrodynamical exploration of NS-BH mergers and the
early development (over periods of several ten milliseconds)
of their relic BH-torus systems has only started to be done
in full 3D general relativity with a neutrino-leakage treat-
ment (Deaton et al. 2013; Foucart et al. 2014), but mag-
netic and viscous effects, which determine the mass-loss of
the accretion tori on secular timescales, are still not in-
cluded in such models. Ferna´ndez & Metzger (2013) have
recently carried out the first (2D) hydrodynamical simula-
tions of post-merger BH-tori, which were able to follow the
long-time evolution over the whole period of intense neu-
trino emission and a large fraction of the mass-loss his-
tory (for many seconds) including an approximative de-
scription for neutrino emission and self-irradiation, viscos-
ity terms, and a pseudo-Newtonian treatment of gravity
for (nonrotating) BHs following Paczyn´sky & Wiita (1980).
This spearheading work went clearly beyond simple para-
metric or semi-analytic modeling (e.g., Surman et al. 2008;
Metzger et al. 2008, 2009; Wanajo & Janka 2012) and ear-
lier (magneto-)hydrodynamical simulations in 2D (Lee et al.
2005; Shibata et al. 2007; Shibata & Sekiguchi 2012; Janiuk
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Figure 1. Top panel: Evolution paths of NS-NS and NS-BH
mergers. Depending on the binary parameters and the proper-
ties of the nuclear equation of state, binary NS mergers can lead
to the formation of a stable NS, a transient hypermassive NS
(HMNS; stabilized by differential rotation) and supermassive NS
(SMNS, stabilized by rigid rotation), or a BH plus accretion-torus
system. The last scenario is also the outcome of a NS-BH merger
if the BH/NS mass ratio is not too large. Transitions between
the different evolution stages can be accompanied by mass loss.
In the present work we focus exclusively on the evolution tracks
and stages highlighted by thick, solid red lines. Bottom panel:
Mass-loss phases during the dynamical interaction of NS-NS and
NS-BH binaries and the subsequent secular evolution of a relic
BH-torus system (corresponding to the evolution paths indicated
by red lines in the upper panel). The dynamical mass ejection
takes place within a few milliseconds when the two binary com-
ponents merge with each other. Typical ejecta masses are around
0.01M and the average entopies of the ejecta are low. BH-torus
systems eject matter mainly in viscously driven outflows and to a
smaller extent also in neutrino-driven winds. Baryon-poor polar
funnels may provide suitable conditions for neutrino or magneto-
hydrodynamically powered, ultrarelativistic, collimated outflows,
which are likely to produce short gamma-ray bursts. The image
is adapted from Ruffert & Janka (1999); Janka & Ruffert (2002).
et al. 2013) and 3D (Ruffert & Janka 1999; Setiawan et al.
2004, 2006). In nucleosynthesis and light-curve calculations
of the expanding ejecta of compact binary mergers, however,
the contribution from the merger-remnant phase has so far
been included only highly schematically, either by apply-
ing simple multi-parameter prescriptions for neutrino-driven
wind conditions (Rosswog et al. 2014; Grossman et al. 2014)
or by making ad hoc assumptions about the composition of
the disk-wind ejecta (Barnes & Kasen 2013).
In this work we perform the first comprehensive study of
the nucleosynthetic output associated with the ejecta from
the merging phase of NS-NS and NS-BH binaries and with
the neutrino and viscously driven outflows of the subsequent
long-time evolution of relic BH-torus systems. The compact
binary mergers are simulated with a relativistic smooth-
particle-hydrodynamics code (Oechslin et al. 2007; Bauswein
2010) in a conformally flat, dynamical spacetime including
temperature-dependent, microphysical EOSs, while the BH-
torus modeling is conducted with a Eulerian finite-volume
Godunov-type scheme, supplemented by a shear-viscosity
treatment with a Shakura-Sunyaev α-prescription for the
dynamic viscosity (Shakura & Sunyaev 1973). For the long-
time evolution we employ a pseudo-Newtonian approxima-
tion of the gravity potential for the rotating relic BHs (Arte-
mova et al. 1996). In the time-dependent BH-torus modeling
we apply, for the first time, detailed energy-dependent and
velocity-dependent 2D neutrino transport based on a new
two-moment closure scheme (Just, Obergaulinger & Janka,
in preparation), which allows us to determine the neutrino-
driven wind and the neutron-to-proton ratio in the disk
outflows with higher accuracy than in previous simulations.
All simulations include microphysical treatments of the gas
equation of state.
Our nucleosynthesis calculations are carried out in a
post-processing step of the ejecta produced by the hydro-
dynamical models, using a full r-process network including
all relevant nuclear reactions (Goriely et al. 2008, 2010; Xu
et al. 2013). For the combined analysis we pick cases from
larger sets of NS-NS merger models, which lead to prompt
or slightly delayed BH formation, and NS-BH merger mod-
els on the one side and BH-torus models on the other side
such that the macroscopic system parameters (BH and torus
masses and BH spins of the merger remnants) match roughly
on both sides. This also yields good consistency of the mean
values of the total specific energies of the torus gas in both
modeling approaches.
We find that the torus outflows complement the dy-
namical merger ejecta by contributing the lower-mass r-
process nuclei (A <∼ 140) that are massively underproduced
by the strong r-process taking place in the very neutron-rich
material expelled during the binary coalescence. The com-
bined abundance distribution can reproduce the solar pat-
tern amazingly closely, but in contrast to the robustness of
the high-mass number component (A >∼ 140) the low-mass
number component must be expected to exhibit consider-
able variability, depending on the variations of the intrinsic
outflow properties. On the other hand, direction-dependent
differences result from the combination of highly asymmetric
dynamical NS-BH merger ejecta with much more isotropi-
cally distributed torus outflows. Cases with suppressed dy-
namical ejecta component resemble abundance patterns ob-
served in heavy r-element deficient metal-poor stars.
c© 2014 RAS, MNRAS 000, 1–30
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Our paper is structured as follows. In Sect. 2 we briefly
summarize the basic methodical aspects of our hydrodynam-
ical modeling of the different considered scenarios and evolu-
tion stages and of our nucleosynthesis analysis. In Sect. 3 we
describe the conceptual aspects of the coherent modeling ap-
proach and present our results for the hydrodynamical sim-
ulations of binary mergers and relic BH-torus systems and
for the corresponding r-process nucleosynthesis. Section 5
concludes with a summary and discussion of our results. In
Appendix A we present a comparison test of our neutrino-
transport treament and briefly discuss the accuracy of the
latter.
2 NUMERICAL METHODS
2.1 Compact binary mergers
The merging phase of our models is simulated with a
smooth-particle-hydrodynamics (SPH) code with an ap-
proximate treatment of relativistic gravity. The code com-
putes the hydrodynamical properties of fluid elements co-
moving with the matter flow (see Oechslin et al. 2002,
2007; Bauswein et al. 2010; Bauswein 2010 for details). The
Lagrangian nature of this scheme is well suited to follow
the unbound material during the coalescence. The relativis-
tic Lagrangian formulation of hydrodynamics evolves so-
called “conserved variables”, which yields ordinary differen-
tial equations for the conserved rest-mass density ρ∗, the
conserved specific momenta u˜i and the conserved energy
density τ (Siegler & Riffert 2000). The quantities depend
on the rest-mass density ρ, the coordinate velocity vi, the
specific internal energy density , the pressure P , and the
metric functions encoding the gravitational field.
The Einstein equations are solved by imposing a con-
formal flatness condition (CFC) for the spatial metric ds2 =
−α2dt2+ψ4δij(dxi+βidt)(dxj+βjdt), which results in non-
linear elliptical equations for the lapse function α, the shift
vector βi and the conformal factor ψ (Isenberg & Nester
1980; Wilson et al. 1996). In the case of NS-NS mergers this
CFC approximation has been shown to yield quantitatively
accurate results for the oscillation modes of NS-merger rem-
nants and for the properties of ejecta when compared to
calculations solving the full Einstein equations (Bauswein
et al. 2012, 2013b; Hotokezaka et al. 2013a; Takami et al.
2014).
For the simulation of NS-BH mergers we use the ex-
tended CFC formulation (Bonazzola et al. 2004; Cordero-
Carrio´n et al. 2009) to avoid divergence problems in the
source terms in the proximity of the BH. In this formula-
tion a BH can be treated by means of the puncture ap-
proach (Brandt & Bru¨gmann 1997), which factors out di-
vergent terms in the metric function and which calculates
the deviations of the spacetime from a static BH solution,
the latter of which is analytically known. In a similar man-
ner the BH momentum and spin are taken into account by
adding analytically known solutions to the extrinsic curva-
ture (Bowen 1979; Bowen & York 1980; Bauswein 2010),
which appears in the source terms of the elliptical equa-
tions. This procedure is fully equivalent to the construc-
tion of BH-BH or NS-BH binary initial data necessary for
fully relativistic calculations (see e.g. Kyutoku et al. 2009;
Bauswein 2010; Baumgarte & Shapiro 2010, where the cor-
responding formulae can be found; see also Faber et al. 2006
for a similar approach within CFC). In our implementation,
however, the method for computing initial data is employed
in every time step (Bauswein 2010). In fully relativistic for-
mulations of the Einstein evolution equations the BH posi-
tion is tracked passively by dxiBH/dt = −βi(xiBH) with xiBH
being the center of the BH (position of the puncture). For
our calculations we promote this equation to an active equa-
tion of motion for the BH to be solved in parallel with the
hydrodynamical equations. For details of the implementa-
tion, see Bauswein et al. (2010). More information will be
provided in a forthcoming paper.
The BH treatment is validated by computing orbits of
NS-BH binaries and comparing the orbital angular veloc-
ity with stationary calculations of quasi-equilibrium initial
data (Etienne et al. 2009), which can be reproduced within
a few per cent (Bauswein 2010). More importantly for the
purposes of this paper, we also compare the resulting tori
of NS-BH mergers with those computed by grid-based fully
relativistic simulations (Kyutoku et al. 2011, 2013). Torus
masses agree with an accuracy of about 20 per cent for bi-
naries with initially non-rotating as well as rotating BHs.
Also the amount of dynamically ejected matter is consistent
within a factor of two. We confirm by convergence tests that
the torus and ejecta masses are insensitive to the chosen grid
setup for the metric solver and the SPH particle resolution
within a range of 20 per cent and 30 per cent, respectively.
For NS-BH as well as NS-NS mergers the hydrodynam-
ical equations are supplemented by an additional equation
dYe/dt = 0, which describes the advection of the initial elec-
tron fraction Ye. The electron fraction, Ye, rest-mass density,
ρ, and specific internal energy density, , are employed to call
the equation of state (EOS) P (ρ, , Ye), which is required to
close the system of hydrodynamical equations. Throughout
the paper we use fully temperature-dependent, microphys-
ical high-density equations of state (see Sect. 3.1), which
are indispensable for an accurate description of the merger
dynamics and a reliable determination of torus and ejecta
properties (Bauswein et al. 2010, 2013b). Moreover, the tem-
perature and composition of the ejected material are needed
as input to the nucleosynthesis calculations. For NS-NS and
NS-BH mergers the NSs are assumed to be initially cold and
in neutrinoless β-equilibrium, which sets the initial electron
fraction. The stars are placed on circular quasi-equilibrium
orbits such that the binaries merge after about two to three
revolutions. For both types of systems we impose an ini-
tially non-rotating velocity profile of the NSs, because NS
spin periods are long compared to the orbital periods and
because tidally locked systems are not expected to form dur-
ing the inspiral (Kochanek 1992; Bildsten & Cutler 1992).
The initial rotation of the BH, ABH,0, is a free parameter of
our setups (see Sect. 3.1). The NSs are modeled with about
150,000 SPH particles per star.
2.2 Merger remnants
In this study we exclusively consider BH-torus systems as
possible merger remnants, i.e. we do not explore the case
of hyper-/supermassive NSs resulting from binary NS merg-
ers. Since during the remnant evolution neutrino-transport
effects in the accretion torus become non-negligible, we use
c© 2014 RAS, MNRAS 000, 1–30
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a different simulation code for the remnants than for the
actual mergers (see Sect. 2.1), namely a recently devel-
oped finite-volume neutrino-hydrodynamics code described
in Obergaulinger (2008) and Just et al. (in preparation).
The BH-torus simulations are performed in axisymme-
try and employing Newtonian hydrodynamics. We ignore
the self-gravity of the torus, whose mass is much smaller
than the BH mass, and for the gravitational potential of
the BH we use the pseudo-Newtonian Artemova-potential
(Artemova et al. 1996, as given by their Eq. 13).
The Artemova–potential is an extension of the widely
employed Paczyn´sky-Wiita–potential (Paczyn´sky & Wiita
1980) that additionally takes into account essential effects
of BH rotation. Specifically, compared to the Kerr metric
(Bardeen et al. 1972) the potential by Artemova et al. (1996)
accurately reproduces the radius of the innermost stable cir-
cular orbit (ISCO) as function of the BH mass, MBH, and
BH spin parameter, ABH, and it approximately (up to a few
per cent) reproduces the gravitational plus kinetic specific
binding energy of a test particle orbiting the central BH at
the ISCO. These features make the Artemova–potential the
preferred choice compared to the Paczyn´sky-Wiita-potential
since post-merger BHs are in general fast rotators and there-
fore the reduced ISCO radius and enhanced (absolute) bind-
ing energy can have a sizable impact on the disk evolution
and outflow generation. However, the gas kinematics are still
treated nonrelativistically and improvements are desirable
(see, e.g., Tejeda & Rosswog 2013). Therefore, although we
consider the qualitative features of BH rotation that are
most relevant to our study to be captured by the Artemova–
potential, the quantitative accuracy of our treatment is of
course limited and has to be compared against future general
relativistic studies.
The BH mass and spin are kept fix during the simu-
lations. Given that the considered torus masses are only a
fraction ξ 6 0.1 of the BH masses (see Sec. 3.1), we expect
no qualitative and only a small quantitative impact of this
approximation on our main results. Note that the maximum
possible change ∆ABH of the BH spin parameter due to disk
accretion can be estimated by assuming that the entire torus
is instantly (i.e. for a fixed BH spin) accreted from the ISCO
as ∆ABH <∼ ξ[l˜ − ABH(2 + ξ)]/(1 + ξ)2 < ξ, where l˜ is the
dimensionless Keplerian specific angular momentum at the
ISCO (in units of GMBH/c, where G and c are the gravita-
tional constant and the speed of light, respectively) and the
last inequality holds for the case ABH = 0.8 (with l˜ ≈ 2.4)
which is exclusively considered in this paper.
For the EOS we assume the fluid to be composed of an
ideal Fermi gas of electrons and positrons, of a thermal pho-
ton gas, and of a 4-species Boltzmann gas of neutrons, pro-
tons, α-particles and a representative, heavy nucleus in the
form of 54Mn (whose particular choice does not have any sig-
nificant relevance for our simulations). The baryonic species
are taken to be in nuclear statistical equilibrium (NSE).
The neutrino transport is described by a truncated two-
moment scheme, which solves the evolution equations of the
energy density and flux density of neutrinos augmented with
a closure relation that expresses the Eddington tensor as a
function of the evolved quantities. For a detailed description
of the formalism and its implementation we refer to a dedi-
cated paper (Just et al., in preparation) and for other imple-
mentations of similar schemes the reader may consult, e.g.,
Audit et al. (2002); Shibata et al. (2011); O’Connor & Ott
(2013); Skinner & Ostriker (2013); Sa¸dowski et al. (2013).
A test problem in which the radiation field of a represen-
tative torus configuration is compared against ray-tracing
results, together with a brief discussion on the accuracy of
our transport treatment can be found in Appendix A. We
employ the closure prescription by Minerbo (1978) for the
calculations in this study. The transport implementation ba-
sically includes all velocity-dependent terms up to O(v/c).
However, since the rotational velocities close to the BH as
well as the polar velocities in the axial funnel can reach val-
ues comparable to the speed of light but incompatible with
our O(v/c) transport treatment, we limit velocities in the
transport equations to 0.2 c. We also omit terms depending
on the azimuthal velocity component vφ, thus ignoring the
azimuthal components of the neutrino propagation and ad-
vection as well as rφ and θφ components of the neutrino vis-
cosity. This procedure may appear too radical to cope with
high rotation velocities occurring just in the close vicinity
of the BH and would numerically not be necessary in the
whole torus, but it still seems reasonably compatible with
our modeling constraint to axisymmetry. Because the torus
is axisymmetric the time evolution of the neutrino radiation
quantities is mainly driven by radial and lateral transport
while the rotational aberration is a secondary effect, at least
for rotational velocities not too close to the speed of light.
In our energy-dependent transport scheme we evolve
the radiation quantities in discrete energy groups for each
species, electron neutrinos and electron antineutrinos. We
ignore the effects of heavy-lepton neutrinos, which are of
minor relevance during the torus evolution (e.g. Janka et al.
1999; Ruffert & Janka 1999; Deaton et al. 2013; Ferna´ndez
& Metzger 2013; Foucart et al. 2014). For the neutrino inter-
action channels we take into account the β-processes with
free nucleons and scattering of neutrinos off free nucleons
(as formulated in Bruenn 1985), as well as annihilation of
neutrino-antineutrino pairs (based on Dicus 1972; Schinder
et al. 1987; Cooperstein et al. 1987). Since at later stages
of the torus evolution neutrino absorptions become neg-
ligible, we switch from the full neutrino-transport scheme
to a computationally cheaper treatment assuming neutrinos
to be only emitted but not reabsorbed or scattered by the
medium. We typically switch to this simplification at some
time tswitch > tη, where tη is the time when the neutrino
emission efficiency ην (see Sect. 3.3 for the definition) drops
below 0.005. We have validated by tests that tswitch is chosen
sufficiently late to ensure that effects due to non-vanishing
optical-depths are negligible. Depending on the model, the
values of tswitch lie typically between 0.3 s and 1.5 s.
The initial disk models are constructed as rotational
equilibrium configurations with constant specific angular
momentum (see, e.g., Igumenshchev et al. 1996; Stone et al.
1999; Ferna´ndez & Metzger 2013, where similar disk models
have been used as initial models). For given BH proper-
ties MBH and ABH and given torus mass Mtorus, the fluid
configuration is defined by setting the initial electron frac-
tion to Ye,0 = 0.1 everywhere in the disk (roughly guided
by post-merging results), by imposing a polytropic relation
P0 ∝ ρ4/30 to hold between the initial density ρ0 and pres-
sure P0, by fixing the maximum density of the torus to
ρmax ≈ 2.2 × 1012 × (Mtorus/M) g cm−3, and by placing
the inner torus edge to a radius of rmin = 3 rS, where rS
c© 2014 RAS, MNRAS 000, 1–30
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is the Schwarzschild radius corresponding to the chosen BH
mass MBH.
We employ the α-viscosity approach by Shakura & Sun-
yaev (1973) to include the effects of turbulent angular mo-
mentum transport in an approximate, parametrized fashion.
Since a number of different formulations for the (shear) vis-
cosity tensor Tij ≡ ηvis(∇ivj + ∇jvi − (2/3)δij∇kvk) and
the dynamic viscosity coefficient ηvis exist in the literature
(with vi being the velocity components), we exploratively
consider two different formulations to test the dependence
of our nucleosynthesis results on the explicit choice of the
viscosity prescription: In the “type 1” case, which is used
for most BH-torus models, we include all components of Tij
and the dynamic viscosity coefficient is defined as
ηvis,type1 ≡ αvis ρ c2s Ω−1K , (1)
where cs ≡
√
γP/ρ with the adiabatic index γ and ΩK is the
Keplerian angular velocity. This prescription was employed,
for instance, by Igumenshchev et al. (1996); Lee et al. (2005);
Setiawan et al. (2006). In the “type 2” case, in contrast, only
the components Trφ and Tθφ are included (i.e. the remaining
components are set to 0) and the dynamic viscosity coeffi-
cient ηvis,type2 is computed like ηvis,type1, cf. Eq. (1), but
with the adiabatic sound speed cs replaced by the isother-
mal sound speed ci ≡
√
P/ρ. This prescription was used, for
instance, by Ferna´ndez & Metzger (2013). Note that for the
type 2 viscosity, in contrast to the type 1 case, shear mo-
tions in meridional planes remain unaffected by viscosity.
As a consequence, the development of small-scale vorticity
is less suppressed and the fluid pattern appears less lami-
nar than for the viscosity treatment of type 1. Furthermore,
for a given value of αvis the dynamic viscosity coefficients
(which are a measure of the “strength” of viscosity) for both
prescriptions are related by
ηvis,type 2 =
1
γ
ηvis,type 1 ≈ (0.6 . . . 0.8)× ηvis,type 1 . (2)
For all BH-torus simulations we take 416×160 grid cells
to cover the domain (r, θ) ∈ [10 km, 2.5 × 104 km] × [0, pi].
We use non-uniform grids in both coordinate directions
with the radial cell size increasing roughly proportionally
to the radius and the angular grid ensuring a resolution
around the equatorial plane slightly better than at the
poles. We employ 10 logarithmically spaced energy groups
spanning the range of 0 − 80 MeV to cover the neutrino-
energy space. For numerical reasons we need to define a
(local) minimum gas density value to which the evolved
density is reset whenever it drops below this value. We
choose this floor density, ρfloor, to have a radially decreas-
ing and time-dependent profile: Initially, ρfloor monotoni-
cally decreases with ρfloor ' 105 , 102 , 10−3 g cm−3 at radii
r = 10 , 103 , 2.5 × 104 km, respectively. During the first
∼ 200 ms of evolution we continuously decrement the floor
density in the region r ∈ [10 km, 1000 km] down to a final,
constant value of 102 g cm−3. At the start of each simulation,
we fill the volume surrounding the torus with an ambient
medium that has 1.5 times the floor density, resulting in a
total mass of ∼ 4×10−6 M for the initial ambient medium.
2.3 Nucleosynthesis
The r-process nucleosynthesis is calculated by post-
processing a representative set of trajectories for the ejected
matter, taking into account the dynamics as determined
by the hydrodynamics simulation. The number of post-
processed trajectories per model typically lies between a few
hundred for the merger models and a few thousand for the
BH-torus models. The temperature evolution is estimated
on the basis of the laws of thermodynamics, allowing for
possible nuclear heating through beta-decays, fission, and
alpha-decays, as described in Meyer (1989). Also, for the
late-time evolution the ejecta dynamics includes the pres-
sure feedback by nuclear heating through the approximative
model described in Goriely et al. (2011a). The nucleosyn-
thesis is followed with a reaction network including all 5000
species from protons up to Z=110 that lie between the valley
of β-stability and the neutron-drip line. All charged-particle
fusion reactions on light and medium-mass elements that
play a role when the NSE freezes out are included in addi-
tion to radiative neutron captures and photodisintegrations.
The reaction rates on light species are taken from the NET-
GEN library, which includes all the latest compilations of
experimentally determined reaction rates (Xu et al. 2013).
Experimentally unknown reactions are estimated with the
TALYS code (Koning et al. 2005; Goriely et al. 2008) on the
basis of the Skyrme Hartree-Fock-Bogolyubov (HFB) nu-
clear mass model, HFB-21 (Goriely et al. 2010). On top of
these reactions, β-decays as well as β-delayed neutron emis-
sion probabilities are also included, the corresponding rates
being taken from the updated version of the Gross Theory
(Tachibana et al. 1990) based on the same HFB-21 Q-values.
All fission rates, i.e. the neutron-induced, photo-
induced, β-delayed and spontaneous fission rates, are esti-
mated on the basis of the HFB-14 fission paths (Goriely et al.
2007) and the nuclear level densities within the combinato-
rial approach (Goriely et al. 2008) obtained with the same
single-particle scheme and pairing strength. The neutron-
and photo-induced fission rates are estimated on the basis of
the TALYS code for all nuclei with 90 6 Z 6 110 (Goriely
et al. 2009). Similarly, the β-delayed and spontaneous fis-
sion rates are estimated with the same TALYS fission bar-
rier penetration calculation. The β-delayed fission rate takes
into account the full competition between the fission, neu-
tron and photon channels, weighted by the population prob-
ability given by the β-decay strength function (Kodama &
Takahashi 1975). The fission fragment yield distribution is
estimated with the renewed statistical scission-point model
based on microscopic ingredients, the so-called SPY model,
and described in Panebianco et al. (2012); Goriely et al.
(2013).
3 RESULTS
3.1 Choice of global parameters and coherence of
modeling approach
In Table 1 we summarize the investigated merger mod-
els and their properties. The employed microphysical EOSs
are SFHO (Steiner et al. 2013), SFHX (Steiner et al.
2013), TM1 (Sugahara & Toki 1994; Hempel et al. 2012),
TMA (Toki et al. 1995; Hempel et al. 2012), and DD2
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Table 1. Parameters and outflow properties for the merger models. The columns contain from left to right: Model name, masses of the
binary components (with M2 being the initial BH mass in the NS-BH cases), spin parameter of the initial BH (only NS-BH; in all cases
prograde with the orbital motion), equation of state, prompt (pc) or delayed (dc) collapse (only NS-NS), mass and spin parameter of
the BH remnant, mass of the remnant torus, mass of the dynamical ejecta, asymmetry parameter (see Sect. 3.2 for the definition), mean
electron fraction Y e, mean entropy s¯ and mean outflow velocity v¯ of the dynamical ejecta, and the name of the corresponding BH-torus
model. The quantities Y e, s¯ and v¯ are measured 5 ms after the merger.
Merger M1 M2 ABH,0 EOS pc/dc MBH ABH Mtorus Mdyn Basy Y e s¯/kB v¯ Remnant
model [M] [M] [M] [M] [10−3 M] [1010 cm/s] model
SFHO 1218 1.2 1.8 SFHO pc 2.78 0.76 0.137 4.9 0.28 0.036 9.9 1.19 M3A8m1. . .
SFHO 13518 1.35 1.8 SFHO pc 2.97 0.78 0.099 4.3 0.16 0.036 6.7 1.28 M3A8m1. . .
SFHX 1515 1.5 1.5 SFHX dc 2.77 0.78 0.106 21.2 0.01 0.032 8.2 0.67 M3A8m1. . .
SFHO 145145 1.45 1.45 SFHO dc 2.68 0.79 0.091 14.3 0.02 0.033 7.9 0.64 M3A8m1. . .
TM1 175175 1.75 1.75 TM1 pc 3.37 0.85 0.027 8.4 0.07 0.027 10.0 1.12 M3A8m03. . .
TMA 1616 1.6 1.6 TMA dc 3.04 0.83 0.037 5.2 0.07 0.012 5.4 0.62 M3A8m03. . .
TM1 1123 1.1 2.29 0.54 TM1 3.04 0.81 0.30 79.8 0.93 0.056 0.64 0.66 M3A8m3. . .
SFHO 1123 1.1 2.3 0.53 SFHO 3.09 0.82 0.26 40.4 0.96 0.042 0.73 0.60 M3A8m3. . .
DD2 14529 1.45 2.91 0.53 DD2 4.00 0.83 0.27 35.9 0.96 0.056 0.62 0.67 M4A8m3. . .
TM1 1430 1.4 3.0 0.52 TM1 4.03 0.81 0.30 45.8 0.97 0.054 0.50 0.67 M4A8m3. . .
TM1 14051 1.4 5.08 0.70 TM1 6.08 0.83 0.32 55.8 0.98 0.050 0.41 0.75 M6A8m3. . .
Table 2. Parameters and outflow properties for the relic BH-torus models. The columns from left to right contain: Model name, mass
and spin parameter of the BH, torus mass, value of viscosity parameter, settings for viscosity type, radioactive heating and neutrino
heating, total outflow mass, neutrino-driven outflow mass, and the mean electron fraction Y e, mean entropy s¯ and mean velocity v¯ of
the outflow. The two quantities Y e and s¯ are measured when the outflow temperatures drop below 5 GK , and v¯ is evaluated at a fixed
radius of r = 104 km.
Remnant MBH ABH Mtorus αvis visc. radio. neutr. Mout Mout,ν Y e s¯/kB v¯
model [M] [M] type corr. heat. [10−3M(Mtorus)] [10−3M(Mtorus)] [109 cm/s]
M3A8m3a2 3 0.8 0.3 0.02 type 1 No Yes 66.8 (22.3 %) 3.00 (1.00 %) 0.28 20.9 1.16
M3A8m3a5 3 0.8 0.3 0.05 type 1 No Yes 78.3 (26.1 %) 3.51 (1.17 %) 0.25 23.0 1.55
M3A8m1a2 3 0.8 0.1 0.02 type 1 No Yes 22.7 (22.7 %) 0.09 (0.09 %) 0.28 24.8 1.03
M3A8m1a5 3 0.8 0.1 0.05 type 1 No Yes 24.7 (24.7 %) 0.35 (0.35 %) 0.24 28.0 1.56
M3A8m03a2 3 0.8 0.03 0.02 type 1 No Yes 7.0 (23.4 %) 0.0005 (0.002 %) 0.27 29.5 0.96
M3A8m03a5 3 0.8 0.03 0.05 type 1 No Yes 7.3 (24.3 %) 0.002 (0.007 %) 0.25 32.7 1.70
M4A8m3a5 4 0.8 0.3 0.05 type 1 No Yes 66.2 (22.1 %) 1.47 (0.49 %) 0.26 28.1 1.66
M6A8m3a5 6 0.8 0.3 0.05 type 1 No Yes 56.3 (18.8 %) 0.07 (0.02 %) 0.27 29.4 1.45
M3A8m3a2-v2 3 0.8 0.3 0.02 type 2 No Yes 64.2 (21.4 %) 2.58 (0.86 %) 0.29 19.3 0.97
M3A8m3a5-v2 3 0.8 0.3 0.05 type 2 No Yes 70.1 (23.4 %) 2.63 (0.88 %) 0.26 19.7 1.39
M4A8m3a5-rh 4 0.8 0.3 0.05 type 1 Yes Yes 67.3 (22.4 %) 1.51 (0.50 %) 0.26 26.4 1.62
M3A8m1a2-rh 3 0.8 0.1 0.02 type 1 Yes Yes 22.8 (22.8 %) 0.09 (0.09 %) 0.28 25.1 1.05
M3A8m3a2-noh 3 0.8 0.3 0.02 type 1 No No 56.6 (18.7 %) – 0.24 21.7 0.90
(Typel et al. 2010; Hempel & Schaffner-Bielich 2010), which
are all derived within the relativistic mean-field approach.
These EOSs are compatible with the current limit on the
maximum NS mass of about 2M (Demorest et al. 2010;
Antoniadis et al. 2013). For the NS-NS mergers we con-
sider three models which result in the direct formation of a
BH immediately after merging (within <∼ 1−2 ms, “prompt
collapse”). In addition, we simulate three setups which lead
to a “delayed collapse” after sufficient angular momentum
has been redistributed and radiated away by gravitational
waves. The lifetimes of the relic NSs in these cases are
roughly 10 ms. In our study we do not consider cases where
a metastable, long-lived ( >∼ 20 ms) or even stable massive
NS is formed. We therefore do not investigate here the po-
tentially relevant outflow component which may arise during
the lifetime of such a massive NS (Dessart et al. 2009; Met-
zger & Ferna´ndez 2014; Perego et al. 2014). For the NS-BH
merger models we examine cases in which relic BHs with
masses MBH ' 3, 4 and 6M are formed, varying the EOS
between TM1, SFHO and DD2. In all simulated cases the
initial BH spin (with dimensionless spin parameter ABH,0
between 0.5 and 0.7) is assumed to be prograde with the
orbital motion.
The merger models chosen here are not the most typi-
cal cases concerning what is expected from observations of
NS-NS binaries (e.g. Lattimer 2012) and binary population
models of NS-NS and NS-BH systems (e.g. Dominik et al.
2012). For the NS-NS case the most likely configuration with
M1 ' M2 ' 1.4M leads to a long-lived massive NS for
most choices of the EOS (Bauswein et al. 2013b). Instead, we
focus here on NS-NS models which collapse within the simu-
lation time and produce remnant configurations that match
the initial conditions for our long-term evolution studies of
BH-torus systems. Note, however, that the relic BH-torus
models considered in our work may also represent remnants
formed in cases where the NS collapses to a BH with some
longer delay.
The transition from the merger models to the relic BH-
torus models is realized in an approximate manner by setting
up BH-torus models in rotational equilibrium as described
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Figure 2. Prompt (“dynamical”) mass ejection in our NS-NS
and NS-BH merger simulations as function of time. The curves
show the cumulative mass beyond a radius of 150 km that ful-
fills the criterion to be gravitationally unbound (see Bauswein
et al. 2013b). The solid lines correspond to NS-NS cases with de-
layed collapse of the merger remnant to a BH (red: SFHX 1515,
blue: SFHO 145145, black: TMA 1616), the dashed lines to NS-
NS cases with prompt BH formation (red: SFHO 1218, blue:
SFHO 13518, black: TM1 175175), and the dash-dotted lines be-
long to the NS-BH mergers (blue: TM1 1123, green: TM1 14051,
cyan: TM1 1430, red: SFHO 1123, black: DD2 14529). The bul-
lets indicate the times when the ejecta masses for the merger
phase are determined, assuming that the subsequent remnant evo-
lution is covered by our BH-torus simulations.
in Sect. 2.2, specifying values for the BH mass MBH, BH
spin ABH and torus mass Mtorus motivated by and approxi-
mately equal to the corresponding values in the merger mod-
els. Therefore, each merger model can be associated with one
or several BH-torus models (see Table 1). Given the limited
compatibility of the codes used for simulating the merger
and merger remnant evolutions, this is a pragmatic approach
which should be replaced by a fully consistent treatment of
both evolutionary phases in future models. However, our ap-
proach of examining both phases separately is advantageous
insofar as different progenitors may lead to very similar BH-
torus systems and therefore the BH-torus models are repre-
sentative of a larger variety of binary merger configurations
than investigated in the present study.
In Table 2 the properties of the investigated BH-torus
models are summarized. Given the selection of merger mod-
els, the set of BH-torus models allows us to explore the de-
pendence of the nucleosynthesis production on variations of
the torus mass, the BH mass, and the viscosity parameter
αvis. The two additional models with suffix ‘v2’ are set up to
study the impact of the specific choice for the viscosity pre-
scription (cf. Sect. 2.2). Moreover, since the heating feedback
due to radioactive decays of newly formed r-process nuclei
is not consistently included in our standard hydrodynami-
cal simulations (but only in the post-processing calculations
for the nucleosynthesis), we examine two more models (with
suffix ‘rh’), in which radioactive heating is approximated
in the following way: First, the radioactive heating rates,
Q(tnuc), and temperatures, T (tnuc), for all outflow trajecto-
ries of the standard models are averaged (where tnuc is the
time during nucleosynthesis, normalized such that tnuc = 0
at T = 10 GK). Then the resulting average heating rate,
〈Q〉(tnuc), is interpreted as a function of the average tem-
perature, 〈Q〉(T ) ≡ 〈Q〉(t(〈T 〉)), and applied in the ‘rh’-
simulations as additional energy source term in the energy
equation for all cells with T 6 10 GK and positive radial ve-
locities. We also examine the effects of neutrino heating by
considering model M3A8m3a2-noh, which is set up in anal-
ogy to model M3A8m3a2 but with all neutrino source terms
in the gas-energy and momentum equations being switched
off in regions where net heating by neutrinos applies, i.e.,
where energy is transferred from neutrinos to the stellar
medium.
3.2 Compact binary mergers
For any type of compact-object binary the merging occurs
after an inspiral phase, in which the gravitational-wave emis-
sion and the corresponding angular momentum loss lead to
a shrinking of the orbital separation. The secular inspiral
of the binary components proceeds increasingly faster until
the system enters the dynamical merging phase. The ejecta
masses (Fig. 2) as well as the exact conditions in the ejecta
and the properties of the remaining tori depend on the dy-
namics of the compact object mergers. We briefly describe
the dynamics of three typical models which represent differ-
ent formation channels for relic BH-torus systems and for
which the merging process possibly leaves an imprint on the
properties of the ejecta. All simulated binary mergers belong
to one of these three categories of events.
Delayed collapse (TMA 1616). The coalescence of two
NSs of 1.6M with the TMA EOS leads to the formation
of a single, massive, differentially rotating NS, which is sup-
ported against gravitational collapse by centrifugal forces
and thermal pressure. The remnant consists of a rotating
double-core structure with the two dense cores bouncing
against each other. The associated redistribution of angu-
lar momentum and the emission of gravitational waves gen-
erated by the oscillations of the merger remnant cause the
collapse of the central object to a BH about 9 ms after merg-
ing. Matter with high angular momentum forms a torus of
about 0.037M surrounding the central BH, which has a
spin parameter of ∼0.83.
During the final collision of two NSs, matter is scraped
off from the NS surfaces and squeezed out from their joint
contact interface to become unbound in waves created by
violent pulsations of the rapidly rotating, massive NS rem-
nant. Most of the dynamical ejecta are produced within less
than 10 ms after the merging (Fig. 2). The ejecta mass still
increases at later times and even after the BH formation.
However, we do not take into account such late ejecta pro-
duced in our merger models because of their low resolution
after the BH formation and because this evolutionary phase
is intended to be partially covered by our BH-torus mod-
els, where neutrino effects are included, in contrast to the
merger simulations. In this work we conservatively deter-
mine the dynamical ejecta (cf. Table 1 and Fig. 2) by re-
quiring that matter has moved at least 150 km away from
the merger site in addition to applying the formal ejecta
criterion of positive total specific energy. This condition en-
sures that the matter truly becomes unbound, but it may
slightly underestimate the total ejecta mass by about 10 per
c© 2014 RAS, MNRAS 000, 1–30
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Figure 3. Evolution of the rest-mass density in the equatorial plane for two NS-BH merger models. The left panels correspond to model
DD2 14529, which describes the merging of a 1.45 M NS and a 2.9 M BH with a spin parameter of 0.53 for the DD2 EOS, the right
panels display model TM1 14051, which is the coalescence of a 1.4 M NS and a 5.1 M BH with a spin parameter of 0.7 for the TM1
EOS. The time is given in the lower right corner and is normalized to the moment when the BH has accreted half of the NS matter. The
position of the BH is indicated by a filled black circle, whose radius in isotropic coordinates is defined by the gravitational mass of an
isolated, nonrotating BH. The dots trace SPH particles (projected into the equatorial plane) which eventually become unbound during
the simulations. White dots denote particles which fulfill the ejecta criterion at the current time, while black dots indicate particles that
will only become unbound later on. For a subset of SPH particles the arrows visualize the coordinate velocities of the corresponding fluid
elements with the length of the arrows being proportional to the velocity. An arrow length of 10 km corresponds to 0.2 times the speed
of light. The visualization tool SPLASH was used to convert SPH data to grid data (Price 2007).
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cent. As documented in Table 1, the ejecta are very neu-
tron rich, because they originate from the inner crust of the
original NSs. The outflow has an average velocity of about
0.6×1010 cm s−1 and is fairly isotropic with a moderate pref-
erence towards the orbital plane and corresponding suppres-
sion in the polar regions (see, e.g., Bauswein et al. 2013b). A
detailed description of the formation and dynamics of such
ejecta from NS mergers with delayed BH formation was pro-
vided by Bauswein et al. (2013b). Recently, Wanajo et al.
(2014) pointed out a possible importance of neutrino emis-
sion and absorption for reducing the neutron excess in the
escaping material. We will discuss this aspect in Sect. 3.4.1.
We note in passing that the stability or instability of the
NS-NS merger remnant, the timescale until it collapses to a
BH, and the ejecta (and torus) masses depend sensitively on
the total binary mass and the NS EOS. Less massive systems
and/or stiff nuclear EOSs tend to yield remnants that do
not collapse within typical simulation times of ∼20 ms after
the merging. More compact NSs (corresponding to softer
nuclear EOSs) lead to higher ejecta masses, more massive
binaries produce more dynamical ejecta for a given EOS, and
unequal-mass binary mergers also result in more unbound
matter than mergers of symmetric systems (Bauswein et al.
2013b). The TMA EOS is relatively stiff in the sense that its
NS radii are large. The ejecta and torus masses are therefore
small. In contrast, the SFHX and SFHO EOS are on the
softer side with smaller NS radii and correspondingly larger
ejecta and torus masses.
Prompt collapse (SFHO 13518). For the SFHO EOS the
merging of a 1.35M NS and a 1.8M NS results in a direct
collapse, i.e., in BH formation only about one millisecond
after the stars touch. The less massive NS is tidally strongly
stretched before and during the merging and forms a massive
tidal tail. This tidal tail winds around the BH, collides with
itself after one orbit, and most of it ends up in a torus. The
torus comprises a mass of about 0.1M, and the BH obtains
angular momentum which corresponds to a spin parameter
of roughly 0.8.
Prompt mass ejection happens during a short period of
less than 5 ms (Fig. 2). A substantial fraction of several ten
per cent of these ejecta originate from the collision interface,
from where they are squeezed out and pushed away by the
expanding torus. The rest of the ejecta is originally located
in the tidal tail and becomes unbound by tidal forces. The
mass loss can slowly continue even later than 10 ms after
the merging due to angular momentum transfer within the
torus, but for better comparison with the other models we
do not include these late ejecta obtained in the merger sim-
ulations, because we consider the remnant evolution to be
followed by our BH-torus models.
Also in the prompt collapse scenario the spatial distri-
bution of unbound material is nearly isotropic with some-
what less matter being expelled towards the poles than close
to the orbital plane (in the two polar cones with half-opening
angle of 45◦ the ejecta mass is roughly a factor of two smaller
than in the other directions). Again the ejecta originate from
very neutron-rich layers of the initial NSs, which implies an
average electron fraction of 0.04. Typical expansion veloc-
ities of about 0.4 times the speed of light are somewhat
higher than in the models resulting in a delayed collapse,
which have average outflow velocities of ∼20 per cent of
the speed of light. The other merger models with prompt
collapse show outflow properties similar to those of model
SFHO 13518.
Prompt BH formation is unlikely to be the generic
outcome of NS mergers, because NS binary observations
(see compilation in Lattimer 2012) and theoretical popula-
tion synthesis studies of binaries (e.g., Dominik et al. 2012)
suggest that most binary systems possess a total mass of
about 2.7M. For such systems a prompt BH-collapse of
the merger remnant is not expected for any EOS that is
compatible with the current observational lower limit of the
maximum NS mass (cf. Bauswein et al. 2013a for a deter-
mination of the threshold mass for direct BH formation in
dependence of the binary parameters and EOS).
NS-BH merger (DD2 14529). Figure 3 (left panels) ex-
emplifies the merging of a NS-BH binary with a mass ratio of
two and an initial BH spin parameter of roughly 0.5. For the
same model, we show in Fig. 4 the properties of the dynam-
ical ejecta in terms of mass distribution histograms for the
electron fraction, entropy per baryon, expansion timescale
and outflow velocity. During the late inspiral phase the NS
is tidally deformed and develops a cusp pointing towards
the BH. As the star approaches the BH, mass transfer sets
in from this cusp and the NS is stretched into an extended,
spiral-arm-like tidal tail. While mass is shed off the far end
of the tidal arm to expand outwards, the matter at the near
end wraps the BH and, if it has sufficiently high angular
momentum, performs a full orbit around the BH to collide
with the spiral arm. Finally, the matter remaining outside
the BH assembles into a nearly axisymmetric torus of about
0.27M. Accretion from this torus continues at a lower rate
and the configuration reaches a quasi-steady state. At this
time the BH mass has grown to 4 M and the BH spin
parameter has increased to approximately 0.8.
When about half of the NS mass has been accreted,
matter located at the outer edge of the spiral arm becomes
gravitationally unbound by tidal effects within about one
millisecond (visualized in Fig. 3, middle panels for t = 0).
A smaller fraction (approximately 10 per cent of the total
ejecta mass) is expelled during the subsequent evolution,
in particular when the tip of the spiral arm collides with
the main body of the arm. The unbound matter originates
mostly from the inner crust of the NS and therefore is very
neutron-rich (Ye ranges between 0.02 and 0.08, see Fig. 4, left
panel). The dominant ejection of decompressed, unshocked
matter from the tidally disrupted NS is reflected by the pro-
nounced peak at entropies below 1 kB per nucleon
1 in the
second panel of Fig. 4. Typical ejecta velocities (at 10 ms
after the NS-BH merging) are 15–25% of the speed of light
(right panel of Fig. 4), similar to those obtained for the de-
layed collapse cases of NS-NS mergers.
As a consequence of the ejection mechanism, the out-
flow is highly asymmetric. To quantify the asymmetry we
identify the hemisphere where the main ejecta mass, M+,
is produced and the opposite hemisphere (ejecta mass M−)
and define the asymmetry parameter Basy by Basy ≡ (M+−
1 Note that in Table 1 we report entropies obtained from a post-
processing procedure that reduces the effects caused by heating
due to numerical viscosity in the SPH code. These entropies are
also applied for our nucleosynthesis calculations (see Goriely et al.
2011b).
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M−)/(M+ + M−) with (M+ + M−) being the total ejecta
mass. Symmetric mass ejection corresponds to Basy ∼ 0,
highly asymmetric to Basy ∼ 1. For model DD2 14529 we
determine an asymmetry of 0.96 and observe similar val-
ues for the other NS-BH merger cases investigated in our
study. These findings are in line with the anisotropy re-
ported in Kyutoku et al. (2013). In contrast, NS mergers
show much smaller asymmetries of the order of only a few
per cent for symmetric and nearly symmetric systems and
some 10% for highly asymmetric binaries (see Table 1).
The right panels of Fig. 3 display the merging of a NS
with a more massive BH of about 5M and a spin parameter
of 0.7 (model TM1 14051), which according to population
synthesis studies (Dominik et al. 2012) may represent an
astrophysically more typical case. The merger dynamics and
ejecta production proceeds qualitatively similarly to the case
of model DD2 14529. Comparing the rest-mass density in
the equatorial plane the more massive model evolves in close
analogy to the simulation with a mass ratio of 3 in (Kyutoku
et al. 2011, see their Fig. 2). Note that we employ a stiff EOS
(TM1), which tends to compensate for the somewhat lower
mass ratio and slightly higher spin used in Kyutoku et al.
(2011). Quantitatively, our model compares well with the
calculation 2H-Q3M135a75 of this paper (stiff EOS, mass
ratio 3, initial BH spin parameter 0.75), which results in a
torus of 0.35M and a final value of the spin parameter of
0.86. Our model TM1 14051 is also compatible with the Q =
3 simulation with the MS1 EOS and a BH spin parameter of
0.75 in Kyutoku et al. (2013). The authors of the latter work
report an ejecta mass of 0.07 M, which is in satisfactory
agreement with 0.055 M of unbound matter found in our
simulation.
3.3 Merger Remnants
In Sect. 3.3.1 we describe basic features of the evolution of
BH-tori as NS-NS or NS-BH merger remnants and the cor-
responding phases and components of mass loss. Sects. 3.3.2
and 3.3.3 will present an overview of the corresponding
ejecta masses and properties, respectively. In Sect. 3.3.4 our
results will be briefly compared with recent models pub-
lished by Ferna´ndez & Metzger (2013). More details of our
BH-torus evolution simulations will be provided in a forth-
coming paper by Just, Janka & Obergaulinger (in prepara-
tion).
3.3.1 Torus evolution, neutrino emission, and ejecta
production
Depending on their initial mass, accretion tori as merger
remnants evolve on timescales of milliseconds to seconds by
losing mass to the accreting BH and in thermally, mag-
netically and viscously driven outflows. In our hydrody-
namic models the effects of magnetic fields are simplified
by the standard treatment through Shakura-Sunyaev α-
viscosity terms (Shakura & Sunyaev 1973). For the high
densities (109 g cm−3 and higher) and mass accretion rates
(∼10−2 M s−1 to several M s−1) characteristic of the
post-merger configurations, the tori cool predominantly by
neutrino emission while photons are trapped and contribute
to the pressure as a plasma component in thermal equilib-
rium with electrons, positrons, nucleons and nuclei (see, e.g.,
Popham et al. 1999; Kohri & Mineshige 2002; Di Matteo
et al. 2002).
Sufficiently massive and initially dense tori are known
to evolve through three stages of radiation efficiency and cor-
respondingly different mass-loss properties (cf., for example,
Metzger et al. 2008, 2009; Beloborodov 2008; Ferna´ndez &
Metzger 2013): (1) High initial densities produce optically
thick conditions for neutrinos so that neutrinos are trapped
and therefore neutrino cooling is inefficient (see, e.g. Di Mat-
teo et al. 2002). (2) As the torus mass decreases and densities
drop, the so-called NDAF (Neutrino-Dominated Accretion
Flow, Popham et al. 1999) state is reached, in which gravita-
tional energy that is converted to internal energy by viscous
heating is essentially completely radiated away by neutri-
nos. (3) Eventually, when mass, density, and temperature
of the torus decrease further, the neutrino production rate
becomes so low that neutrino cooling is inefficient again. In
this phase of an advection-dominated accretion flow (ADAF,
Narayan & Yi 1994) viscous heating leads to large-scale con-
vective motions and powers a strong expansion of the torus
(for simulations of viscous ADAFs, see, e.g., Igumenshchev
et al. 1996; Igumenshchev & Abramowicz 1999; Stone et al.
1999).
During stages (1) and (2) the high neutrino luminosi-
ties emitted by the dense, inner parts of the torus irradiate
and heat the outer, more dilute layers of the torus. Doing so
they can launch a mass outflow from this neutrino-heated
(or “gain”) region, which has similarities to the neutrino-
driven wind blown off the surface of new-born, hot neutron
stars in supernova cores (e.g., Qian & Woosley 1996). The
mass-loss rate as well as the thermodynamic conditions and
the neutron-to-proton ratio of these ejecta are sensitive func-
tions of the neutrino emission properties of the torus, but
different from nascent neutron stars the BH-torus systems
are extremely nonspherical. During the ADAF phase viscous
angular momentum transport as well as dissipative heating
by shear viscosity lead to an inflation of the torus, driv-
ing outward mass flows near the equatorial plane but also
launching mass loss away from the equator. In contrast to
the neutrino-driven mass ejection, viscously driven expan-
sion proceeds gradually and continuously, and the matter be-
comes gravitationally unbound only at large radii and with
lower velocities than the supersonic neutrino-driven wind.
The first, optically thick period lasts at most ∼10–
30 ms for initial torus masses considered in this work. Some
smaller contribution to the mass ejection by neutrino heat-
ing happens already in this phase. However, since our initial
BH-tori are artificially constructed as equilibrium models
rather than being direct results from merger simulations,
one should apply great caution in interpreting the ejecta
of this intermediate stage between the post-merger rem-
nant and the relaxed, neutrino radiating, quasi-steady-state
torus. Fortunately, the mass loss during this transition phase
is far subdominant in the total ejecta budget. In Fig. 5 we
provide representative snapshots for the two following evolu-
tionary phases for model M3A8m3a5, the NDAF phase (top
row of plots, 0.05 s after the start of the simulation) and the
ADAF phase (bottom row of plots, for t = 2.0 s). For this
particular model the NDAF phase lasts about 250 ms be-
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Figure 4. Mass-distribution histograms for the dynamical ejecta of the NS-BH merger model DD2 14529. All distributions are normalized
to the total mass of dynamical ejecta, Mdyn = 3.59×10−2M. From left to right the panels show the mass distributions for the electron
fraction Ye, entropy per baryon s (both measured about 5 ms after the merging), expansion timescale τ (measured here as the time
within which the density decreases from 1012 g cm−3 to 1010 g cm−3), and outflow velocity v (measured about 10 ms after the merging).
The small peak at low Ye and the adjacent local minimum are artifacts caused by SPH-particle clustering in the initial model of the NS.
This distortion of the Ye mass distribution does not affect the nucleosynthesis results.
fore a steep decrease of the neutrino luminosities2 indicates
the transition to the ADAF stage (Fig. 6, top panel), but
depending on the torus mass and viscosity parameter —the
BH mass has less influence— the duration of the NDAF can
be between less than ∼0.1 s and more than ∼1 s.
Because of the initially very neutron rich conditions
(Ye,0 = 0.1), the torus protonizes (see Fig. 6, where the
time evolution of the mean electron fraction of the torus,
Y toruse , is plotted) by radiating more electron antineutrinos,
ν¯e, produced in positron captures on neutrons than elec-
tron neutrinos, νe, emitted by electron captures on protons.
Since the mean energies are ordered in the same hierarchy,
εν¯e > ενe , the ν¯e luminosity is also higher than the νe lumi-
nosity in all cases (Fig. 6). These findings are fully compat-
ible with previous simulations of post-merger accretion tori
(e.g., Ruffert & Janka 1999; Setiawan et al. 2006; Deaton
et al. 2013; Foucart et al. 2014).
Also the neutrino-emission efficiency ην , defined by
Lνe + Lν¯e = ηνM˙accc
2 (3)
as the ratio of the total neutrino luminosity to the rate of
rest-mass energy accreted by the BH, is a clear indicator of
the three evolutionary stages of the accretion tori. During
phase (1) the efficiency is lower than in the NDAF phase
(2)3 and drops at the transition to the ADAF phase (Fig. 6,
third panel). In the NDAF phase the values of ην are ap-
proximately constant and range between a few per cent and
nearly 10%, close to the energy-loss efficiency calculated for
test masses accreted through the innermost stable circular
orbit.
In Fig. 5a, left panel, the black area indicates the dense,
inner parts of the torus, where neutrino cooling exceeds
2 We stress that the term “luminosity” is used here for denoting
the total energy loss rate of the torus. Of course, because of the
pronounced direction dependence of the neutrino flux with a clear
preference for small angles around the polar axis (cf. Fig. 5a,
left panel) this quantity is not measurable for observers in any
direction.
3 The initial overshooting of ην is a consequence of the rotational
equilibrium setup for the initial torus models, which causes some
time delay until the mass accretion rate increases in response to
viscous effects.
heating. Outside of this region the net heating (i.e., heat-
ing minus cooling) rate is color coded. Heating is strongest
above the torus and exhibits steep decrease with growing
vertical and horizontal distance from the BH, in whose vicin-
ity the plasma temperature is highest. The neutrino-driven
wind develops at about 150 km and fills a wide cone with
half-opening angle of about 65◦ around the polar axis (at a
radius of 1000 km). Within this cone the outflowing matter
has electron fractions Ye larger than ∼0.3 and entropies, s,
of more than ∼10 kB per nucleon (Fig. 5b). The viscously
driven outflow during the ADAF phase, which is visible in
plots (c) and (d) of Fig. 5, is distinctly different not only by
being driven outwards also close to the equator, but also by
considerably wider distributions of Ye (including values as
low as 0.1) and entropy (see also Fig. 9 and Sect. 3.3.3).
In our nucleosynthesis study we neglect all expelled ma-
terial with entropies per baryon in excess of 1000 kB. Ejecta
with such high entropies are driven by the energy deposition
through neutrino-antineutrino pair annihilation in cases and
phases where a low-density funnel around the polar axis is
formed. This jet-like, baryon-poor outflow can reach Lorentz
factors beyond 100 and is considered as possible source of
short gamma-ray bursts (e.g. Paczynski 1986; Eichler et al.
1989; Jaroszynski 1993; Ruffert & Janka 1999; Aloy et al.
2005). The physical and numerical limitations of our present
simulations (with a nonrelativistic code, which requires to
set a lower density limit in the axial funnel) do not allow us
to treat these high-entropy outflows accurately. We there-
fore do not investigate the associated nucleosynthesis. Since
the mass of these ejecta is several orders of magnitude lower
than that of the dominant merger ejecta, their contribution
to the overall abundance yields can safely be ignored.
3.3.2 Ejecta masses
Figure 7 shows the time evolution of the mass-outflow rates
(integrated over all directions; bottom panel) for four repre-
sentative torus models and the corresponding average prop-
erties of the ejecta (mean electron fraction, entropy, and
velocity, from the top to the third panel), measured at a dis-
tance of 104 km from the BH. The approximate transition
times tν between the NDAF state with its strong neutrino-
c© 2014 RAS, MNRAS 000, 1–30
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Figure 5. Snapshots for the BH-torus model M3A8m3a5 at t = 50 ms (top row) and t = 2 s (bottom row). At early times neutrino-driven
ejecta dominate the outflow, whereas at late times the viscous component is more important. Plot (a) shows the total net neutrino-heating
rate (left panel), overlaid with arrows indicating the vectors of the energy-integrated energy flux for electron neutrinos multiplied by
4pir2, and the density (right panel), overlaid with arrows for the velocity vectors. The neutrino-heating rate includes neutrino absorption
on nucleons as well as neutrino-pair annihilation; in the black region neutrino cooling dominates heating. The maximum arrow lengths
correspond to values of 5 × 1053 erg s−1 and 7 × 109 cm s−1 in the left and right panels, respectively. Plot (b) shows the entropy (left
panel) and the electron fraction (right panel). Plots (c) and (d) display the same quantities as plots (a) and (b), respectively, but with
the neutrino information replaced by temperature. The longest arrow in plot (c) defines a velocity of 2×109 cm s−1. Note that the radial
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Figure 6. Time dependent neutrino emission properties for
four BH-torus models. The upper two panels show the energy-
integrated luminosities, Lν , of νe (solid lines) and ν¯e (dashed
lines) and the corresponding mean energies, εν , respectively. The
latter are defined as εν ≡ Lν/LN,ν with LN,ν being the total
neutrino number emission rate for neutrino ν. The values are
obtained by integrating the radial components of the neutrino
flux densities in the laboratory frame over a spherical surface
at radius r = 500 km. The third panel from the top shows the
neutrino-emission efficiency parameter ην according to Eq. (3).
The fourth panel from the top gives the mean electron fractions
of the tori, Y toruse ≡ (
∫
dV ρYe)/(
∫
dV ρ). The bottom panel dis-
plays estimates of the asymptotic electron fraction, Y νe , of the
neutrino-driven wind, using the results of the two top panels in
Eq. (4).
driven wind and the ADAF phase, where the outflows are
mainly driven by viscous effects, are indicated by vertical
dashed lines for all models. Since the viscously ejected mate-
rial clearly dominates in mass (cf. Table 2) and escapes with
lower velocities than the fast, early neutrino wind, the tran-
sition typically coincides with a rapid increase of the outflow
rate (Fig. 7, bottom panel). We stress that at times t < tν
outflow with the characteristic properties of material accel-
erated by neutrino heating (see Sect. 3.3.3) is found only at
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Figure 7. Outflow properties as functions of time for four BH-
torus models. The upper three panels show the mass-flux weighted
averages of the electron fraction, entropy, and velocity with mean
value of quantity A defined as 〈A〉 ≡ (2pi ∫ d cos θ Aρvr2)/M˙out,
where M˙out = 2pi
∫
d cos θ ρvr2 is the total mass-outflow rate dis-
played in the bottom panel. All quantities are measured at a
radius of r = 104 km, which implies a time retardation of roughly
0.1−1 s compared to the evolution shown in Fig. 6. For each model
a vertical dashed line indicates the time tν which approximately
marks the transition from a mainly neutrino-driven outflow to a
predominantly viscously-driven outflow (see Sect. 3.3.2).
latitudes somewhat away from the equatorial plane (usually
at more than 15◦), while in the plane of the disk viscous
transport drives the gas expansion. However, a distinction
of the two ejecta components is not always unambiguously
possible, because the outflows are affected both by neutrino
and dissipative heating and therefore parts of them possess
mixed properties.
The angular distribution of the early (t < tν) and late
(t > tν) mass loss exhibits characteristic differences be-
cause of the different mass ejection dynamics of neutrino-
driven and viscously driven outflows (Fig. 8). Different from
nascent neutron stars, the torus is extremely nonspherical
and therefore the neutrino emission and wind ejection as well
as the wind properties depend strongly on the distance from
the rotation axis and on the direction. Neutrino emission and
mass ejection are strongest in the vicinity of the BH. While
the neutrino flux is directed mainly parallel to the rotation
axis (see the arrows in the left panel of Fig. 5a), the neutrino-
driven wind carries away most mass at intermediate incli-
c© 2014 RAS, MNRAS 000, 1–30
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Figure 8. Polar-angle dependence of the mass ejection and
ejecta properties for two representative BH-torus systems. Time-
averaged quantities are shown as functions of polar angle, namely
the electron fraction (top panel), entropy per baryon (second
panel), and outflow velocity (third panel), all measured at a
radius of 104 km. The bottom panel displays the differential
mass loss dM/dθ, normalized by the angle integral, M , of this
quantity. (Note that an isotropic mass ejection corresponds to
M−1dM/dθ = 0.5 sin θ.) The solid lines represent all ejecta
(neutrino-driven plus viscously driven) for t < tν (for the mean-
ing of tν , see Fig. 7), the dashed lines correspond to all ejecta for
the ADAF phase, i.e., for t > tν . The early ejecta include mostly
neutrino-driven outflow (plus a viscously driven component near
the equatorial plane at θ = pi/2) with dominant mass loss at in-
termediate angles. Their properties exhibit a strong dependence
on the polar angle. The late ejecta contain almost exclusively vis-
cously driven matter and are expelled much more isotropically
with little variations of the outflow properties in different direc-
tions.
nation angles relative to the equatorial plane (Fig. 8). The
characteristic properties (electron fraction, specific entropy,
expansion velocity) of this ejecta component vary strongly
with the polar angle. In contrast, the viscously driven out-
flows, which dominate the ejecta by far in the ADAF phase
at t > tν , are much more spherical and their time-averaged
properties show much less angular variation (dashed lines
in the panels of Fig. 8). While outward angular momentum
transport perpendicular to the rotation axis drives equato-
rial mass loss, a considerable fraction of the viscously heated
disk matter is also blown away with large angles relative to
the torus equator, lifted out of the gravitational potential
by pressure forces and convective motions in the vertically
inflated configuration.
The integrated mass of the neutrino-driven outflow,
Mout,ν , and the total ejecta mass (neutrino plus viscosity
driven), Mout, are listed for all simulated BH-torus models
in Table 2. The total outflow mass Mout takes into account
all material that has crossed the radius of 104 km until the
end of the simulation4, while Mout,ν includes only mate-
rial that has crossed r = 104 km at times t < tν and at
angles > 15◦ away from the equator. While the viscous out-
flows are a robust feature, carrying away ∼19–26% of the
original torus mass, the neutrino-driven wind masses are
considerably smaller, with Mout,ν reaching at most ∼1%
of the initial torus mass. Since the neutrino-wind proper-
ties are steep functions of the neutrino luminosity (cf., e.g.,
Qian & Woosley 1996, for the case of neutrino-driven winds
of proto-neutron stars), the amount of such ejecta depends
much more sensitively on the torus mass and, particularly
for less neutrino-opaque tori of low mass, also on the viscos-
ity. More massive tori and higher viscosities (which produce
more heating) lead to larger neutrino luminosities.
In contrast, the fraction of the torus that is expelled
in viscously driven outflows varies only weakly for different
torus masses. For increasing BH mass (and all other system
parameters fixed) the masses of both kinds of ejecta de-
crease. Two effects contribute to this decline. First, the tori
around higher-mass BHs in our models are more strongly
gravitationally bound, i.e., a greater part of their ma-
terial possesses high specific binding energies, making it
harder to lift this material out of the gravitational potential
well5. Second, for bigger BHs the neutrino-heating efficiency,
ην,heat ≡ Qν,tot/(Lνe +Lν¯e) (with Qν,tot being the total net
neutrino-heating rate), drops because the torus is geomet-
rically smaller relative to the size of the BH. This reduces
the “self-irradiation effect” around the axial funnel above
the poles of the BH, by which neutrinos emitted from the
neutrinosphere close to the BH, where the temperatures are
highest, can be reabsorbed in near-surface matter at other
places of the torus “walls” around the axial funnel. A torus
that is big in comparison to the BH is supportive for this
effect, a vertically less extended torus (or, in the extreme
case, a disk) diminishes it.
A stronger neutrino-energy transfer to the medium in
the outer torus layers does not only enhance the neutrino-
driven wind but also the outflows caused by viscous ef-
fects. This can be seen by the additional BH-torus model
M3A8m3a2-noh that we computed without net neutrino
heating. In this simulation the total ejecta account for 18.7%
of the initial torus mass compared to 22.3% in the corre-
sponding model M3A8m3a2, which includes all neutrino ef-
fects. This difference is considerably larger than Mout,ν in
model M3A8m3a2, which equals only about one per cent
of the torus mass. This can be understood by the fact that
neutrino heating does not only drive mass ejection but also
4 All BH-torus models are evolved up to a time at which the
sphere of radius 104 km contains less than one per cent of the
original torus mass Mtorus.
5 Note that the qualitative tendency of higher mean specific bind-
ing energies for more massive BHs is consistent with the results
of our NS-BH simulations and the corresponding energy values
are even in good quantitative agreement.
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causes a mass flow from torus regions closer to the BH, where
the heating is strongest, to more distant locations. This mat-
ter does not become unbound by neutrino-energy transfer
but settles into the torus again at larger radii, partly feeding
the slower viscous-outflow component from these regions.
When net neutrino heating is switched off, the neutrino-
aided relocation of inner torus material does not happen
but this matter is accreted by the BH during the NDAF
phase instead.
As mentioned above, higher values for the dynamic vis-
cosity coefficient and the larger viscosity effects connected
with the type-1 prescription increase the neutrino-driven
outflows by raising the neutrino luminosities during the
NDAF phase and also by improving the conditions for the
neutrino self-irradiation effect. The latter is a consequence of
the torus inflation in reaction to viscous heating. Enhanced
viscous dissipation of kinetic energy, which instigates more
violent convective mass motions in a bigger volume, as well
as viscous angular momentum transport also have a direct,
positive impact on the mass loss from the outer regions of
the torus.
Finally, radioactive decay heating that is approximately
included in two test calculations (suffix “rh” in the model
names) turns out to produce negligible differences in the
ejecta mass of both outflow components.
3.3.3 Ejecta properties
The nucleosynthesis-relevant ejecta properties of our four
representative merger remnant models are plotted in Figs. 7
and 9. Figure 7 displays the time evolution of the mass-flux
averaged electron fraction, 〈Ye〉, entropy per nucleon, 〈s〉,
and outflow velocity, 〈v〉, for all ejecta leaving a sphere of
radius r = 104 km. In Fig. 9 we show the corresponding
histograms of the ejecta mass distribution for Ye, s, the dy-
namical expansion timescale τdyn ≡ r/v (all measured at
T = 5 GK) and v (measured at r = 104 km), distinguishing
between neutrino-driven outflow and the total (neutrino-
driven plus viscously driven) mass loss. Average values of
Ye, s and v of the whole expelled matter for each of our
simulated BH-torus configurations are listed in Table 2.
For both neutrino-driven and viscously driven ejecta the
basic features of the time evolution of the average electron
fraction, specific entropy, and expansion velocity (Fig. 7) as
well as the overall properties of the mass distributions of
these quantities (Fig. 9) are similar in all cases and their de-
pendence on the investigated global parameters of the BH-
torus systems is fairly weak. Overall, the neutrino-driven
wind in all models is less neutron rich, has higher entropies,
and expands faster than the viscous wind (Fig. 9). The
bulk of the neutrino-driven wind material has Ye ∼ 0.3–0.5,
s/kB ∼ 20–50 per nucleon, τdyn around 10 ms, and asymp-
totic outflow velocities v significantly above 109 cm s−1 up
to more than 1010 cm s−1. In contrast, the viscous outflows
exhibit a wider spread of conditions with the maxima of the
distributions being around Ye ∼ 0.1–0.35, s/kB ∼ 10–30 per
nucleon, τdyn ∼ 100 ms, and expansion velocities between
0.5× 109 cm s−1 and about 3× 109 cm s−1.
A lower value of the dynamic viscosity coefficient (or
viscosity of type 2 instead of type 1) notably increases the
average and minimum electron fractions in the viscously
driven ejecta. This can be qualitatively understood from the
fact that for a slower expansion Ye has more time to in-
crease from its low initial values towards higher values near
weak β-equilibrium in the hot, more dilute outflow. Ye thus
rises until weak beta-processes freeze out when their reac-
tion timescale exceeds the expansion timescale, which hap-
pens earlier in faster outflows. In the case of more massive
BHs, expelled matter not classified as neutrino driven devel-
ops a tail of the Ye distribution that extends far beyond 0.5.
The strength of this tail increases with the BH mass (cf. the
lower left panel for model M6A8m3a5 in Fig. 9). These spe-
cial ejecta are connected to a high-temperature, low-density
bubble that forms in the inner torus (close to the BH) at
the time when the transition from the NDAF phase to the
ADAF stage takes place. The bubble accelerates outward
due to buoyancy forces and for our models with BH masses
>4M triggers mass ejection of material whose Ye is close
to the equilibrium value on the proton-rich side.
The basic behavior of the neutron-to-proton ratio in
the torus medium and in the neutrino-driven and viscously
driven outflows can be understood on grounds of simple con-
siderations (which involve physics in close analogy to what
applies for matter in some regions and phases of supernova
cores). During the NDAF phase, where neutrino production
by electron and positron captures on free nucleons is fast
but the created neutrinos are not trapped, the bulk of the
torus matter resides close to neutrino-less β-equilibrium cor-
responding to vanishing electron neutrino chemical poten-
tial, µν = 0. For typical torus densities and temperatures
(ρ ∼ 1010–1012 g cm−3 and T ∼ 10–100 GK∼1–10 MeV,
respectively) such conditions imply low values of the elec-
tron fraction, Y βe ≡ Ye(ρ, T, µν = 0) ∼ 0.1 − 0.2, for which
electrons are moderately degenerate (see, e.g., Ruffert et al.
1997; Beloborodov 2003; Chen & Beloborodov 2007; Arcones
et al. 2010).
In contrast, when the density and temperature in
the expanding, neutrino-driven outflow drops, electron and
positron captures, whose rates scale roughly with T 5, freeze
out quickly. Being exposed to the intense neutrino fluxes pro-
duced by the torus in the NDAF phase, however, nucleons in
the cooling ejecta continue to absorb νe and ν¯e. If these re-
actions achieve kinetic equilibrium, the corresponding value
of the electron fraction can be approximately expressed in
terms of the neutrino luminosities, Lν , and mean energies,
εν , as (Qian & Woosley 1996):
Y νe '
(
1 +
Lν¯e
Lνe
εν¯e − 2Qnp
ενe + 2Qnp
)−1
. (4)
Here Qnp ' 1.29 MeV is the rest-mass energy difference be-
tween neutrons and protons. Note that εν as defined in Fig. 6
differs from the mean energy that appears in the derivation
of Y νe by Qian & Woosley (1996), but the numerical estimate
of Y νe is very similar. The lower panel of Fig. 6 shows our
estimates of Y νe as functions of time for four representative
BH-torus systems, whose neutrino luminosities and mean
energies are displayed in the top two panels of this figure.
The values of Y νe ∼ 0.3–0.5 are considerably higher than in
the torus itself and in the same ballpark as those obtained
for the neutrino-driven outflows in the hydrodynamical sim-
ulations (cf. top panel of Fig. 7; note the retardation time of
∼ 0.1 − 1 s that needs to be taken into account in compar-
ing Figs. 7 and 6). Of course, more than rough qualitative
agreement cannot be expected because Eq. (4) provides only
c© 2014 RAS, MNRAS 000, 1–30
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Figure 9. Mass-distribution histograms of the neutrino-driven outflow (brown lines) and of the whole (neutrino-driven plus viscously
driven) ejecta (black lines) for the four representative BH-torus models named in the left panels. All distributions are normalized by the
total mass, Mout, expelled in each case. From left to right the panels show the distributions for electron fraction, entropy per nucleon,
dynamical expansion timescale, and velocity. The first three quantities are measured at the time when the temperature of an escaping
fluid element has dropped to 5 GK, the outflow velocities are measured at a fixed radius of r = 104 km.
a crude estimate. On the one hand it assumes the neutrino
luminosities to be radiated isotropically while the neutrino
fluxes emitted by the accretion tori depend strongly on the
direction and position. On the other hand the assumption
of kinetic equilibrium of νe and ν¯e absorptions breaks down
when the wind expansion becomes too fast, in which case the
electron fraction in the wind freezes out at a value lower than
Y νe . This is most obvious in the case of model M3A8m03a5
with its low torus mass and correspondingly low neutrino lu-
minosities, where 〈Ye〉 in the neutrino-driven ejecta hardly
climbs up to 0.3 (Fig. 7, top panel).
Despite similarities in the dynamics and thermodynam-
ics of neutrino-driven and viscously driven outflows the con-
ditions that determine their nuclear composition are dras-
tically different. At the end of the NDAF phase the neu-
trino emission becomes so low that neutrino absorption
does not play a role any longer. Instead, during the ADAF
stage e±-captures drive the electron fraction in the outflow-
ing material towards the local equilibrium value given by
Y βe (ρ, T, µν = 0). Because the electron degeneracy in the
warm, dilute outer torus regions is low, the neutron-proton
mass difference suppresses electron captures on protons com-
pared to positron captures on neutrons, for which reason one
expects Y βe > 0.5. Nevertheless, the true electron fractions
computed for the ejecta during the ADAF phase usually re-
main clearly on the neutron-rich side (except in the matter
ejected in hot, buoyant bubbles at the transition from the
NDAF to the ADAF stage, see above). This is explained by
the fact that the torus expands and cools by viscous effects
during the ADAF evolution. The rates of e±-captures there-
fore decrease continuously and Ye in the torus and outflow
freezes out when the viscous timescale becomes shorter than
the capture timescales of electrons and positrons (e.g., Met-
zger et al. 2009). In agreement with Metzger et al. (2009) and
Ferna´ndez & Metzger (2013) we find that much of the vis-
cously driven ejecta remain very neutron rich with Ye ∼0.15–
0.25, but some fraction develops higher Ye (see Fig. 9, left
panels) so that the average values are more around Ye ∼0.2–
0.3 (cf. Fig. 7, top panel, and Table 2).
3.3.4 Comparison with Ferna´ndez & Metzger (2013)
The basic evolutionary features of the models described here
are similar to those found by Ferna´ndez & Metzger (2013).
However, the outflow properties we obtain exhibit some dif-
ferences in important details. Ferna´ndez & Metzger (2013)
made use of a much simpler neutrino treatment than ours,
which essentially prevented them from modeling systems in
which significant neutrino-driven winds can be expected.
In a test simulation with a nonrotating BH correspond-
ing to model S-def investigated by Ferna´ndez & Metzger
(2013), we find that roughly 8% of the torus mass leave a
sphere of 104 km almost exclusively as viscously driven out-
flow, but only a fraction of this mass (4–8% of the torus
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mass) fulfills the criterion that the total (internal plus ki-
netic plus gravitational) specific energy is positive when
crossing the radius of 104 km. This criterion is employed
to estimate the actual amount of material that will finally
become gravitationally unbound and be mixed into the in-
terstellar medium. However, since thermal effects are still
dynamically relevant at r = 104 km, the criterion depends
on the thermal energy that ultimately contributes to unbind
the outflow, i.e., on the normalization of the internal energy
used to evaluate the criterion at r = 104 km. In our test
simulation we obtained the lower estimate of the unbound
outflow mass (∼ 4% of the torus mass) when taking for
the internal energy the thermal energy instantly resulting
from our 4-species EOS at r = 104 km, while we determined
almost all of the outflow as nominally unbound when assum-
ing that the thermal energy at r = 104 km corresponds to all
nucleons being recombined with an average nuclear binding
energy of 6 MeV per nucleon6. Ferna´ndez & Metzger (2013)
quoted a fraction of 10% of the initial torus mass to be-
come unbound, which, however, was reassessed by (Metzger
& Ferna´ndez 2014) as being too large by a factor of ∼few due
to an erroneous overestimation of the recombination heating
by α particles. Hence, without having more detailed pub-
lished information available for now, we consider our masses
of unbound outflows to be approximately consistent with
Ferna´ndez & Metzger (2013). An interesting feature worth
to record from the comparison with Ferna´ndez & Metzger
(2013) is that the BH spin appears to have a sizable impact
on the amount of ejecta produced by the disk.
While the ejecta masses seem to be in reasonable agree-
ment, the bulk of the outflow in the model of Ferna´ndez
& Metzger (2013) is slightly more neutron rich, Ye ∼ 0.1–
0.21, than in our simulation, Ye ∼ 0.18–0.30. The reason
of this difference cannot be unambiguously identified. The
lower values of Ye could simply also be a consequence of
the error in the α-recombination heating, leading to higher
escape velocities and therefore faster freeze-out from weak-
reaction equilibrium. However, Metzger & Ferna´ndez (2014)
mention that the changes of nucleosynthesis-relevant prop-
erties associated with their mistake are irrelevant. Another
possible reason for the Ye difference could be connected to
the different treatments of neutrino reactions and transport.
3.4 Nucleosynthesis
3.4.1 Nucleosynthesis in the dynamical ejecta
The nucleosynthesis resulting from the dynamical ejecta
has been studied previously either based on parametrized
ejecta trajectories (Freiburghaus et al. 1999; Goriely et al.
2005) or more “realistic” hydrodynamical Newtonian (Ko-
robkin et al. 2012; Rosswog et al. 2014) and (CFC-) rela-
tivistic (Goriely et al. 2011b; Bauswein et al. 2013b; Goriely
et al. 2013) simulations of NS-NS binary systems, recently
also including neutrino effects in relativistic merger models
(Wanajo et al. 2014). In all these simulations, the number
of free neutrons per seed nucleus reaches a few hundred.
6 In our models with ABH = 0.8, typically >∼ 90% of the material
that reaches a radius of more than 104 km are nominally unbound
independent of the precise energy normalization, and we therefore
count all mass at r > 104 km as ejecta.
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Figure 10. Abundance distributions as functions of the atomic
mass for the dynamical ejecta of three NS merger cases with
prompt collapse of the remnants. Each binary system is char-
acterized in the legend by the EOS used in the simulation and
the mass (in M) of the two NSs. All distributions are normal-
ized to the same A = 196 abundance. The dotted circles show the
solar r-abundance distribution (Goriely 1999).
With such a neutron richness, fission plays a fundamental
role by recycling the matter during the neutron irradiation
and by shaping the final r-abundance distribution in the
110 <∼ A <∼ 170 mass region at the end of the neutron irra-
diation. Thanks to this property, the final composition of
the ejecta is rather insensitive to details of the initial abun-
dances and the astrophysical conditions, in particular the
mass ratio of the two NSs, the quantity of matter ejected,
and the EOS (Goriely et al. 2011b; Bauswein et al. 2013b;
Korobkin et al. 2012). The mentioned calculations essen-
tially correspond to the delayed-collapse scenario and their
typical yields are displayed in Fig. 11. In the following we
present our first nucleosynthesis results obtained for cases
with prompt collapse of the NS-NS binary merger remnant
as well as for NS-BH binary systems (cf. Table 1).
Prompt collapse cases
Figure 10 shows the abundance distributions result-
ing from the prompt collapse of NS-NS binary systems.
The three cases exhibit similar pattern characteristics of
the fission recycling nucleosynthesis, as described in Goriely
et al. (2013, 2014). In the relativistic simulations, in con-
trast to the Newtonian approximation (where ejecta origi-
nate mostly from cold extended spiral arms; Korobkin et al.
2012; Rosswog et al. 2014), not all the mass elements lead
to the same composition after ejection. Mass elements are
ejected with considerably different velocities so that the den-
sity evolution may vary significantly from one trajectory to
the next (cf. Bauswein et al. 2013b). Fast expanding mass
elements might not have time to capture all available free
neutrons leading to no or only one fission cycle while more
slowly expanding mass elements allow for all free neutrons
to be captured and typically three fission cycles to take place
(Goriely et al. 2014).
Delayed collapse cases
In the delayed collapse cases, the integrated mass associ-
ated with rapidly expanding material compared to the total
ejecta mass remains relatively smaller than in the prompt
collapse cases. For this reason, similar to Newtonian mod-
c© 2014 RAS, MNRAS 000, 1–30
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Figure 11. Abundance distributions as functions of the atomic
mass for the dynamical ejecta of three NS merger cases with de-
layed collapse of the remnants. Each binary system is character-
ized in the legend by the EOS used in the simulation and the
mass (in M) of the two NSs. All distributions are normalized to
the same A = 196 abundance. The dotted circles show the solar
r-abundance distribution (Goriely 1999).
els of the NS-merger hydrodynamics, which tend to predict
rather slow expansion (Korobkin et al. 2012), the abundance
distributions of relativistic models with delayed remnant col-
lapse exhibit a trough around A ' 200 (Fig. 11). This deep
trough is absent in the prompt collapse cases (Fig. 10), where
the relative contributions of quickly expanding trajectories
to the final abundance distribution are found to be appre-
ciable and to fill the trough in the A ' 200 region.
Comparison between NS-NS and NS-BH nucleosynthesis
Figure 12 illustrates the abundance distributions rep-
resentative of three NS-BH binary systems. In the NS-BH
cases, the expansion velocities are rather low (see Table 1),
comparable to the delayed collapse cases of the NS-NS sys-
tems and lower than those in the prompt collapse cases. The
corresponding abundance distributions are therefore rather
similar to those found in the NS-NS delayed collapse with
an underproduction of the A ' 202 nuclei.
Impact of neutrinos
During the binary merging phase we disregard the ef-
fects of neutrinos in our hydrodynamic simulations as well
as in the nucleosynthesis studies. In a few recent simula-
tions with nucleosynthesis discussion neutrino effects were
explored. While Korobkin et al. (2012) did not find a signif-
icant impact in their Newtonian studies, the relativistic NS-
NS merger calculations of Wanajo et al. (2014) for a “soft”
nuclear EOS (i.e., neutron stars with small radii) point to-
wards a substantial impact of neutrino reactions on the elec-
tron fraction Ye in the dynamical ejecta of cases with delayed
collapse of the merger remnant. While positron captures on
the abundant neutrons in shock-heated matter stripped by
the neutron stars must be expected to raise Ye, Wanajo
et al. (2014) also reported an additional Ye increase by elec-
tron neutrino absorption in escaping ejecta. In essence, these
weak interactions widen the distribution of Ye in the outflow
such that in addition to heavy r-process elements (A > 140)
also nuclei with lower mass numbers are created. It is still
unclear whether the observed effects apply similarly strongly
to all high-density EOSs and all binary systems that lead to
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Figure 12. Abundance distributions as functions of the atomic
mass for the dynamical ejecta of three NS-BH merger cases. Each
binary system is characterized in the legend by the EOS used
in the simulation and the mass (in M) of the NS and BH, re-
spectively. All distributions are normalized to the same A = 196
abundance. The dotted circles show the solar r-abundance distri-
bution (Goriely 1999).
a delayed collapse of the merger remnant. Also the prompt
collapse scenario and NS-BH mergers have not yet been in-
vestigated in all relevant aspects in this context. The im-
pact of neutrinos may be less important in the latter two
cases, because mass ejection there can be faster and more
immediate so that strong shock heating (associated with vi-
olent pulsations of the compact remnant or the collision of
torus matter with itself) affects only a smaller fraction of the
ejecta, and because of the absence of a hot, massive central
object emitting copious neutrinos. For NS-BH mergers this
expectation seems to receive confirmation by recent results
in Foucart et al. (2014).
In any case, the simulations by Wanajo et al. (2014)
confirm that the dynamical ejecta are a robust source of
heavy r-process nuclei, but in addition may also produce a
contribution to r-process material with A < 140. The rela-
tive amounts of nuclei above and below A ∼ 140, however,
are massively affected by the long-lasting mass loss from the
merger remnant that follows the immediate ejection of ma-
terial during the merging phase and early afterwards. As we
will demonstrate below for BH-torus systems, the final nu-
cleosynthetic abundance distribution depends strongly on
the detailed properties of the BH-torus configuration and
the spatial asymmetry of the ejecta expelled by the binary
merger and post-merger remnant.
3.4.2 Nucleosynthesis in the disk ejecta
In modeling the hydrodynamics and nucleosynthesis of the
remnant ejecta, we consistently included the electron and
positron captures on free nucleons as well as the inverse cap-
tures of electron neutrinos and antineutrinos. Note that the
neutrino absorption rates (per nucleon) as obtained in the
hydrodynamic torus simulations were provided as functions
of time along the tracer trajectories for all nucleosyntheti-
cally processed mass elements of the ejecta. This procedure
ensured that the asymmetry of the neutrino emission was
taken into account in its effects on the element formation.
Neutrino-driven and viscous components
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Figure 13. Abundance distributions as functions of the atomic
mass for the neutrino-driven and viscous components of the disk
ejecta for tori of 0.1M (top) and a 0.3M (bottom). All distri-
butions are normalized so that
∑
X = 1. Calculations correspond
to the M3A8m1a5 and M3A8m3a5 models. The dotted circles
show the solar r-abundance distribution (Goriely 1999).
The neutrino-driven and viscous outflow components
identified in Sect. 3.3 are characterized by different proper-
ties, i.e., the neutrino-driven component exhibits larger aver-
age electron fractions and higher escape velocities (cf. Fig. 9
and Sect. 3.3.3). Consequently, the abundance patterns are
different with less strong r-processing in the neutrino-driven
ejecta (Fig. 13). In the neutrino-driven wind, the trajectories
with electron fractions Ye <∼ 0.35 and with the shortest ex-
pansion timescales can still be responsible for the production
of the heavy r-nuclei with A > 140. In the viscous ejecta, the
average electron fraction is sufficiently lower such that the
third abundance peak is reached for a substantial amount
of outflow trajectories. In all studied cases, the mass of the
neutrino-driven outflow remains small compared to the one
associated with the viscous component (cf. Table 2). The
final, ejected (combined) abundance distribution in the disk
outflows is therefore essentially identical to the viscous com-
ponent. The ejected matter is roughly composed of 80 to
94% of r-process material, the remaining 6 to 20% being
made essentially of 4He.
Sensitivity to global parameters
10
-5
10
-4
10
-3
10
-2
10
-1
10
0
80 100 120 140 160 180 200 220 240
M
torus
=0.03M
o
M
torus
=0.1M
o
M
torus
=0.3M
o
M
a
s
s
 f
ra
c
ti
o
n
A
Solar
Figure 14. Abundance distributions as functions of the atomic
mass for three systems with torus masses of Mtorus = 0.03, 0.1
and 0.3M and a 3M BH. All distributions are normalized to
the same solar A = 130 abundance. Calculations correspond to
the M3A8m03a5, M3A8m1a5 and M3A8m3a5 models. The dotted
circles show the solar r-abundance distribution (Goriely 1999).
The abundance distributions are found to be only
weakly sensitive to the torus mass, as shown in Fig. 14 for
cases with the same BH mass and spin and the same viscos-
ity. The differences result from the two subtle trends that
the fraction of material with Ye < 0.2 as well as the mean
entropy slightly increase for lower torus masses. As can be
seen in Fig. 15, the abundance distribution is also found to
be only moderately sensitive to the BH mass. The observed
slight trend towards relatively heavier elements for lower BH
masses can be ascribed to the lower mean electron fractions
of the ejecta. In Fig. 16, we compare the abundance distri-
butions obtained with two values of the viscosity parameter
αvis, both for the type 1 and type 2 prescriptions, as de-
scribed in Sect. 2.2. In general terms, the abundance distri-
bution is quite robust with respect to the viscosity treatment
for the intermediate-mass elements 80 6 A 6 130, while it
is rather sensitive to the viscosity for the A > 130 elements.
We observe that for a higher dynamic viscosity coefficient
ηvis a higher relative amount of A > 130 elements is ob-
tained (remembering also that the ηvis for the two viscosity
types are related by Eq. 2). This result can be explained by
the fact that a higher dynamic viscosity leads to a smaller
mean electron fraction Y¯e of the ejecta in our models (cf.
Table 2).
Sensitivity to r-process heating feedback
In Fig. 17 we compare the average temperatures as well
as the average heating rates for the models with and with-
out radioactive heating as implemented by the approximate
method described in Sect. 3.1. Correspondingly, in Fig. 18
we compare the abundance distributions for these models.
The variations introduced by such a lowest-order correction
for radioactive heating are only marginal. Besides minor
differences in the abundance distributions, also the total
ejecta masses are hardly affected. With heating Mout in-
creases from 22.1 to 22.4 per cent and from 22.7 to 22.8 per
cent of the original torus mass for models M4A8m3a5 and
M3A8m1a2, respectively (see Table 2). This indicates that
including the radioactive heating in a fully consistent man-
ner is not necessary or at least does not lead to any signifi-
c© 2014 RAS, MNRAS 000, 1–30
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Figure 15. Abundance distributions as functions of the atomic
mass for three BH-torus systems with BH masses of MBH = 3,
4 and 6M and the same 0.3M tori. All distributions are nor-
malized to the same solar A = 130 abundance. Calculations cor-
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els. The dotted circles show the solar r-abundance distribution
(Goriely 1999).
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Figure 16. Abundance distributions as functions of the atomic
mass for four identical BH-torus systems (MBH = 3M; ABH =
0.8; Mtorus = 0.3M) computed with two different values of the
viscosity parameter αvis, namely αvis = 0.02 and αvis = 0.05, and
two different prescriptions of the viscosity tensor (cf. Sect. 3.1).
All distributions are normalized so that
∑
X = 1. Calcula-
tions correspond to the M3A8m3a2, M3A8m3a5, M3A8m3a2-v2
and M3A8m3a5-v2 models. The dotted circles show the solar r-
abundance distribution (Goriely 1999).
cant changes of our modeling predictions (see also Rosswog
et al. 2014, where a similar conclusion was drawn concerning
the dynamical ejecta).
3.4.3 Combined nucleosynthesis in the dynamical and disk
ejecta
Assuming that the dynamical and disk nucleosynthesis com-
ponents are both ejected isotropically, we can combine the
yields by summing up the mass fractions for both compo-
nents, weighted by their corresponding total ejected masses.
We only combine systems corresponding to the same BH
mass and spin and the same torus mass in a roughly consis-
tent manner. For models with 0.03, 0.1 and 0.3M tori, the
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Figure 17. Time evolution of the average radioactive heating
rate per unit mass, 〈Q〉, for two BH-torus systems with MBH =
3M, ABH = 0.8, Mtorus = 0.1M (top) and MBH = 4M,
ABH = 0.8, Mtorus = 0.3M (bottom), when the heating feed-
back due to the r-process β-decays and fission is included or not.
Calculations correspond to models M3A8m1a2, M3A8m1a2-rh,
M4A8m3a5 and M4A8m3a5-rh.
abundance distributions for such combined models are given
in Fig. 19. The dynamical ejecta contribute mainly to the
production of the A > 140 nuclei, whereas the disk ejecta
produce mostly the 90 6 A 6 140 nuclei. The combined
distribution is in surprisingly good agreement with the so-
lar system r-abundance distribution (Fig. 19). However, the
relative strength of the second to the third r-process peak
depends sensitively on the ratio between the amount of mass
ejected from the disk and the one ejected dynamically (both
components being composed of about 80−98% of r-process
material). For the three cases shown in Fig. 19, this ratio
amounts to 1.4, 5.3 and 1.7 for the 0.03, 0.1 and 0.3M
torus models, respectively. For this reason, when normaliz-
ing to the A = 196 abundance, the lighter elements, and
in particular the A ' 130 peak, are found to typically vary
within a factor of 3.
Note that it is well known that calculations of the r-
process abundances are still affected by large nuclear physics
uncertainties (Arnould et al. 2007). Such uncertainties have
been extensively studied in the past, but each site provides
its specific conditions and behaves in its own special man-
ner so that an assessment of the sensitivity to theoretical
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Figure 18. Abundance distributions as functions of the atomic
mass for two BH-torus systems with MBH = 3M, ABH = 0.8,
Mtorus = 0.1M (top) and MBH = 4M, ABH = 0.8, Mtorus =
0.3M (bottom), when the heating feedback due to the r-process
β-decays and fission are included or not. All distributions are nor-
malized to the same solar A = 130 abundance. Calculations cor-
respond to models M3A8m1a2, M3A8m1a2-rh, M4A8m3a5 and
M4A8m3a5-rh. The dotted circles show the solar r-abundance
distribution (Goriely 1999).
nuclear physics input requires careful and dedicated explo-
ration. While we already partly investigated the sensitivity
of the nucleosynthesis in the dynamical ejecta to masses, β-
decay rates, and fission probabilities (Goriely et al. 2013),
we defer such a sensitivity analysis for the composition of
the disk ejecta to a future study.
4 COMPARISON WITH OBSERVATIONS
The striking similarity between the solar distribution of r-
element abundances in the 56 6 Z 6 76 range and the cor-
responding abundance pattern observed in ultra-metal-poor
stars like CS 22892-052 (Sneden et al. 2003, 2008, 2009) led
to the conclusion that any astrophysical event producing
r-elements gives rise to a solar system r-abundance distri-
bution, at least for elements above Ba. In such r-process-
enriched low-metallicity stars, some variation of about 0.5
dex, however, is found for the elements lighter than Ba.
The amazingly robust r-process for elements above Ba could
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Figure 19. Abundance distributions as functions of the atomic
mass for three combined systems (merger model plus remnant
model) corresponding to models with torus masses Mtorus =
0.03, 0.1 and 0.3M. All distributions are normalized to the
same solar A = 196 abundance. Calculations correspond to
the model combinations TMA 1616–M3A8m03a5, SFHO 13518–
M3A8m1a5 and DD2 14529–M4A8m3a5. The dotted circles show
the solar r-abundance distribution (Goriely 1999).
point to the possible creation of these elements by fission re-
cycling in dynamical NS-NS or NS-BH merger ejecta, as al-
ready argued in previous studies (e.g., Goriely et al. 2011b).
As seen in Fig. 19, variations of the abundances of the lighter
elements with 40 6 Z 6 56 relative to those of the heavier
elements by factors of a few could be accounted for when
the contributions of the disk ejecta in dependence on differ-
ent torus masses are considered. Figure 20 shows that the
elemental distribution observed in the ultra-metal-poor star
CS22892-052 (Sneden et al. 2003) can be fairly well repro-
duced by the nucleosynthesis from the combined dynami-
cal and disk ejecta. Discrepancies are found around the Os
elements due to the shift of the third r-process peak (see
Fig. 19), the exact position of which is affected by nuclear
uncertainties.
Recent observations also indicate that star to star varia-
tions in the r-process content of metal-poor globular clusters
may be a common, although not ubiquitous, phenomenon
(Roederer et al. 2010; Roederer 2011). Stars such as HD
88609 or HD 122563 have been found to be significantly
deficient in their heavy elements (Honda et al. 2007). CS
22892-052 and HD 122563 are now interpreted as two ex-
treme cases representative of a continuous range of r-process
nucleosynthesis patterns (Roederer et al. 2010).
In the previous comparison with CS22892-052 we deter-
mined the combined composition of all ejecta components
by weighting both the dynamical and disk contributions by
their respective total ejected masses. However, it cannot be
excluded that the mass of the dynamical ejecta contribut-
ing to the final composition is in fact significantly smaller,
in particular when considering NS-BH systems. Two dif-
ferent effects could suppress the dynamical ejecta relative
to the torus ejecta. (1) As discussed in Sect. 3.2, the dy-
namical ejecta of NS-BH mergers can be highly asymmet-
ric, because most of these ejecta may consist of the matter
shed off the outer tip of the tidally stretched NS at its fi-
nal approach to the BH. In contrast, the remnant ejecta are
more isotropic. The combination of both can therefore be
c© 2014 RAS, MNRAS 000, 1–30
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Figure 20. Comparison between the elemental abundances of
CS22892-052 (in the usual logarithmic scale relative to hydro-
gen, log ε = log10(NA/NH) + 12 for element A and number den-
sity NA) and those obtained for the three combined systems
corresponding to remnants with 0.03, 0.1 and 0.3M tori as
shown in Fig. 19. All distributions are normalized to the observed
Eu abundance. Calculations correspond to the model combi-
nations TMA 1616–M3A8m03a5, SFHO 13518–M3A8m1a5 and
DD2 14529–M4A8m3a5.
strongly direction dependent. For the values of the asym-
metry parameter Basy given in Table 1 (cf. Sect. 3.2), the
mass of the dynamical ejecta could be 20–100 times smaller
than the mass of the disk ejecta outside of the solid angle of
the main dynamical mass stripping. (2) Potentially, NS-BH
mergers might produce little dynamical ejecta material for
certain binary parameters while still forming a torus. This
hypothetical possibility might exist in cases where the NS
is nearly completely and immediately accreted by the BH,
in which case the tidal sling effect leading to mass ejection
from an extremely stretched NS might be absent. In such
systems, the ejecta would consequently be essentially com-
posed of disk material. If we assume that the contribution of
the dynamical ejecta represents only about 1% of the total
ejected mass, the composition of the ejecta becomes strongly
depleted in heavy r-process material in comparison to the
standard cases shown in Figs. 19 and 20. Such specific sys-
tem conditions could qualitatively explain the composition
of stars like HD 88609 or HD 122563, as shown in Fig. 21.
We consider this as an interesting, speculative possibility,
but the relative frequency of such possible events as well
as the possible variation of the mix between the dynamical
and disk contributions will need to be assessed in a more
quantitative way in future studies.
5 SUMMARY, DISCUSSION, AND
CONCLUSIONS
We have performed the first comprehensive study of r-
process nucleosynthesis in merging NS-NS and NS-BH bi-
naries, also including the neutrino and viscously driven out-
flows from BH-torus systems as remnants of the compact
star mergers. Our focus was on such relic systems because
they are the generic outcome of NS-BH mergers when the
BH/NS mass ratio is not too large, and for NS-NS mergers
in cases where the massive remnant cannot be stabilized by
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Figure 21. Comparison between the HD88609 and HD122563
elemental abundances (in log ε scale) and those estimated for
the combination of models SFHO 1123 and M3A8m3a2, when
the ejected mass of the dynamical component is assumed to be
100 times smaller than the one coming from the disk component.
The calculated distribution is normalized to the Sr abundance of
HD88609.
the NS EOS. We therefore considered binary NSs that either
led to BH formation directly when the two stars plunged into
each other, or produced a remnant that collapsed to a BH
within less than about 10 ms for the nuclear EOSs employed
in our work.
The binary mergers were simulated in 3D with a rel-
ativistic SPH hydrodynamics code, using the CFC approx-
imation for the spacetime (Oechslin et al. 2007; Bauswein
2010) and four different microphysical EOSs for non-zero
temperature NS matter (all consistent with astrophysical,
experimental and theoretical bounds). The subsequent evo-
lution of the BH-torus systems was computed over peri-
ods of up to more than 10 seconds in 2D (axisymmetry)
with a Newtonian, finite-volume Godunov-type code (Ober-
gaulinger 2008) including viscosity terms with a Shakura-
Sunyaev α-prescription for the dynamic shear viscosity co-
efficient (Shakura & Sunyaev 1973). The gravitational field
of the relic BH was described by an Artemova-Bjoernsson-
Novikov potential (Artemova et al. 1996), and the neutrino
transport in the accretion torus was treated by a 2D, fully
energy dependent two-moment scheme with an algebraic clo-
sure for the variable Eddington tensor (Just et al., in prepa-
ration).
Although the binary-merger and remnant modeling
were not carried out continuously and not fully consistently,
we ensured compatibility of both evolution phases by con-
necting the investigated BH-torus models with NS-NS and
NS-BH binaries that produced remnants with the same
(or at least very similar) BH masses (MBH ≈ 3, 4, 6M),
torus masses (Mtorus ≈ 0.03, 0.1, 0.3M), and BH spins
(ABH ≈ 0.8). Starting with tori in rotational equilibrium
minimized artificial transients. The action of viscous angular
momentum transport and redistribution establishes quasi-
stationary accretion typically within 10–20 ms, and dissipa-
tive viscous heating and fast electron and positron captures
on free nucleons quickly (within <10 ms) drive the initially
chosen temperatures and electron fractions in the tori to
values that correspond to thermal and kinetic equilibrium
c© 2014 RAS, MNRAS 000, 1–30
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conditions. Except for a short period at the beginning of
the merger-remnant simulations, the long-time evolution of
the tori therefore mostly depends on the applied value of
the α-viscosity and on the neutrino transport, and only to
a minor degree on the exact initial conditions.
Consistent with previously published conformally flat
(e.g., Oechslin et al. 2007; Goriely et al. 2011b; Bauswein
et al. 2013b) and fully relativistic results (e.g., Hotokezaka
et al. 2013a,b; Kyutoku et al. 2011, 2013; Deaton et al. 2013;
Foucart et al. 2014; Wanajo et al. 2014), the “dynamical”
ejecta of NS-NS and NS-BH mergers, which are expelled
within milliseconds of the collision of the two binary com-
ponents, were found to possess similar average properties,
namely expansion velocities of 0.2–0.4 c, electron fractions
below ∼ 0.1, and entropies per baryon of a few kB. The con-
sidered NS-NS mergers produce ∼0.004–0.021M of ejecta,
whereas the NS-BH mergers eject significantly larger masses,
0.035–0.08M, with very low entropies ( <∼ 1 kB per nu-
cleon), because this matter is not shock heated as in NS-NS
collisions, but originates mostly from the outer tail of the
tidally stretched NS at its final approach to the BH. Mass
lost in NS-BH mergers is also expelled much more asym-
metrically than in the case of NS-NS mergers: Correspond-
ing hemispheric asymmetry parameters (mass difference be-
tween dominant ejecta hemisphere and opposite hemisphere,
divided by total ejecta mass) are a few per cent for sym-
metric NS-NS mergers and 15–30% for strongly asymmetric
ones, but 0.93–0.98 for NS-BH mergers.
Since the high neutron excess, thermodynamic proper-
ties, and expansion timescale are very similar, the ejecta of
NS-NS mergers as well as those of NS-BH mergers are sites of
robust production of r-nuclei with A >∼ 140 and abundances
close to the solar distribution. This result holds basically
independently of the considered nuclear EOS and the ex-
act binary parameters and confirms the findings of previous
studies based on different kinds of relativistic merger sim-
ulations (e.g., Goriely et al. 2011b; Bauswein et al. 2013b;
Hotokezaka et al. 2013a; Wanajo et al. 2014).
The relic BH-torus systems lose mass in neutrino-driven
baryonic winds (e.g., Wanajo & Janka 2012) and in outflows
triggered by viscous energy dissipation and angular momen-
tum transport (e.g., Ferna´ndez & Metzger 2013). For the
first time we quantitatively investigated these outflows by
self-consistent simulations of the accretion-torus evolution
with multi-dimensional, energy dependent neutrino trans-
port. We found that the viscously driven ejecta amount up
to, fairly model independent, 19–26% of the initial torus
mass (for our BH spins of ABH = 0.8) and dominate the
neutrino-driven ejecta by far. The neutrino-driven wind de-
pends extremely sensitively on the BH mass and on the torus
mass, which determines the neutrino luminosities. The neu-
trino energy loss rates can reach several 1052 erg s−1 up to
more than 1053 erg s−1 for each of νe and ν¯e for a few 100 ms.
The neutrino-driven ejecta carry away up to about one per
cent of the initial torus mass, but their mass can also be or-
ders of magnitude lower. The maximum masses that can be
associated with ejecta driven by neutrino heating are 2.5–
3.5×10−3 M in the case of high neutrino luminosities for
typical durations of fractions of a second up to ∼1 s. This
number agrees with the lower limit of the expelled mass
computed by Perego et al. (2014) for a hypermassive NS
as merger remnant, and the corresponding mass-loss rate
is roughly compatible with the values obtained for neutrino
winds of proto-neutron stars in supernova cores (e.g., Qian &
Woosley 1996). Neutrino heating, however, inflates the outer
layers of the torus and has a positive feedback on the vis-
cously driven mass ejection on the level of several per cent of
the torus mass (or up to ∼20% of the viscous-outflow mass).
Neutrino-driven torus winds exhibit characteristic prop-
erties which distinguish them from the viscously triggered
outflow, namely the tendency of higher mean entropies,
higher electron fractions, and larger expansion velocities (see
Figs. 7, 9). Moreover, the neutrino wind is strongest at early
times and at intermediate latitudes (around 45◦ away from
the equatorial plane), and the entropy, electron fraction,
and velocity exhibit a strong pole-to-equator variation with
higher values towards the poles (Fig. 8). In contrast, vis-
cously driven ejecta develop on longer timescales, are more
spherical, and their properties vary little with angular direc-
tion.
Because of their greater neutron excess, viscously-
driven ejecta allow for a much stronger r-process than the
neutrino wind. The combination of both components is far
dominated by the viscous contribution and matches the so-
lar abundance pattern for all nuclear mass numbers A >∼ 90
fairly well. The abundance pattern for A 6 132 is compar-
atively uniform, but the strength of the third abundance
peak decreases with higher BH mass (Fig. 15), and the rela-
tive yields of low-mass (A <∼ 130) and high-mass (A >∼ 130)
components depend on the value of the dynamic viscosity
and the detailed treatment of the viscosity terms in the hy-
drodynamics equations (Fig. 16).
A mass-weighted combination of the dynamical ejecta
from the binary merger phase and the secular ejecta from
the BH-torus evolution can reproduce the solar r-abundance
pattern and therefore also that seen in ultra-metal-poor
stars amazingly well in the range 90 <∼ A < 240 (cf. Figs. 19,
20). In particular, the BH-torus outflows are able to well fill
the region A <∼ 140, where the prompt merger ejecta un-
derproduce the nuclei. Since the relative yields of the relic
BH-torus systems for A <∼ 130 and A >∼ 130 nuclei depend
sensitively on the system parameters, whereas the A >∼ 140
species are created with a robust pattern during the binary
merging phase, we expect a larger variability in the low-A
regime than for high mass numbers (see Fig. 19).
Another interesting possibility is connected to the fact
that the mass ejection during NS-BH mergers shows extreme
spatial asymmetry (corresponding to asymmetry parameters
>∼ 0.95) but the mass loss from their BH-torus remnants is
much more isotropic. This can lead to a strong suppres-
sion of the dynamical ejecta component relative to the torus
outflow in observer directions pointing away from the hemi-
sphere that receives most of the expelled matter of the dis-
rupted NS. Essentially pure BH-torus ejecta of some of our
models can reasonably well match the abundance distribu-
tions observed in heavy-element deficient metal-poor stars
like HD88609 and HD122563 (Fig. 21).
Since the major part of the torus ejecta ends up in form-
ing A <∼ 130 material, the additional mass loss of the merger
remnants does not alter event-rate estimates based on com-
paring yields of heavy r-nuclei in the ejecta of the binary-
merger phase with the r-process abundances in our Galaxy
(e.g. Goriely et al. 2011b; Bauswein et al. 2014).
Regarding the sensitivity of the nucleosynthesis predic-
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tions with respect to the nuclear physics input, we consid-
ered, in addition to the most recent data available experi-
mentally, the latest theoretical rates based as much as possi-
ble on microscopic or semi-microscopic nuclear models (Xu
et al. 2013). Such models have been shown to be able to
compete with more phenomenological models as far as the
accuracy in reproducing experimental data is concerned, and
additionally are believed to be more predictive for exotic
neutron-rich nuclei. Nevertheless, for such exotic nuclei, sig-
nificant uncertainties still affect the prediction of the reac-
tion and decay rates, as well as the fission fragment distribu-
tions (Arnould et al. 2007; Goriely et al. 2013, 2014; Goriely
& Capote 2014). While we already partly investigated the
sensitivity of the nucleosynthesis in the dynamical ejecta
to masses, neutron capture rates, β-decay rates, and fission
probabilities (Goriely et al. 2013, 2014; Xu et al. 2014), a
detailed sensitivity analysis for the composition of the disk
ejecta from the BH-torus systems remains to be performed in
the future. Nuclear physics uncertainties may affect the cal-
culated abundance distributions, and more specifically, the
precise location and width of the second (A ∼ 130), rare-
earth (A ∼ 165) and third (A ∼ 195) peaks, but should not
change the overall nucleosynthesis picture, and especially
not the successful r-process production of A >∼ 90 nuclei.
Our work can represent only a beginning of the com-
bined analysis of binary merger and post-merger ejecta con-
cerning their nucleosynthetic impact. The parameter space
of system properties (masses, mass ratios, BH spin values
and orientations) and internal properties (defined by the un-
certain nuclear EOS of NS matter) is huge and the involved
physics is extremely complex and not fully accounted for in
our simulations.
The merger and remnant models employed in our study
are still incomplete in many respects. Instead of simulat-
ing the merger phase and remnant evolution consistently
and continuously with the same numerics in full 3D gen-
eral relativity, we applied different codes and approxima-
tions for these two evolutionary periods. Neutrino transport
was only included for the BH-torus simulations, but we ig-
nored neutrino effects during the merger phase. Neutrinos
are unlikely to have a strong influence in cases where NS-NS
merger remnants collapse to a BH immediately and matter
is ejected only on very short timescales, and they do not
play an important role in NS-BH mergers, where the ma-
terial ejected from the disrupted NS is never shock heated.
However, Wanajo et al. (2014) pointed out that the neu-
trino emission and reabsorption could well have an impact
on the electron fraction of NS-NS merger ejecta for long(er)-
lived massive NS-merger remnants, in particular for soft NS
EOSs. Neutrino oscillations and general relativistic effects
(both ignored in our Newtonian torus models) were found
to be of relevance for an exact determination of the neutron-
to-proton ratio in neutrino-driven disk winds (e.g., Malkus
et al. 2012; Caballero et al. 2012). However, these compli-
cations may not be overly relevant because neutrino-driven
ejecta are dwarfed in mass by the viscous outflows, which
are expelled at large distances from the central BH and
whose electron fraction is governed by electron and positron
captures rather than neutrino captures. The low Ye of this
clearly dominant torus-ejecta component also lowers the per-
spective of significant nickel production (Surman et al. 2014)
in these outflows.
The application of a viscosity description instead of
magnetohydrodynamic modeling is a major source of un-
certainty, whose consequences may well influence the nucle-
osynthetic predictions, as we have shown. A reliable numer-
ical description of the mechanism that drives turbulent an-
gular momentum transport and ultimately gives rise to the
(quasi-) viscous ejecta encountered for post-merger BH-tori
is beyond the scope of the present study. The α-viscosity
treatment employed here is a computationally pragmatic
approach that efficiently circumvents the task of numeri-
cally modeling turbulent, magnetized disks. The evolution
of magnetized accretion disks is an active field of research
on its own with several fundamental issues being still vividly
debated, e.g., numerical convergence (e.g. Fromang & Pa-
paloizou 2007; Hawley et al. 2013; Sorathia et al. 2012),
impact of the global magnetic-field topology (e.g. Beckwith
et al. 2008), or the relevance of additional instabilities be-
sides the magnetorotational instability (MRI) (e.g. Narayan
et al. 2012; Yuan et al. 2012). Nevertheless, although all
of the aforementioned issues may have implications for the
disk-outflow masses and the evolution of a given configura-
tion, it seems likely that the principal result of our study
is robust, namely that a significant fraction of order 10%
or more of the accretion torus become unbound with suffi-
ciently neutron-rich conditions to allow for the formation of
r-process elements with 90 <∼ A <∼ 140.
Our work explicitly excludes long-lived hypermassive
or supermassive NSs as merger remnants, whose disk mass
loss was recently studied by Metzger & Ferna´ndez (2014)
and Perego et al. (2014). Both groups replaced the core
of the massive remnant by an inner boundary condition.
Such stable objects might be common relics of approxi-
mately symmetric NS-NS mergers with typical NS masses
of ∼1.35–1.45M for EOSs that are consistent with the ob-
served ∼2M lower limit of the maximum mass of nonro-
tating, cold NSs (Demorest et al. 2010; Antoniadis et al.
2013). Fully self-consistent simulations will not only have
to involve highly differential rotation and convection and
the associated amplification of magnetic fields to extreme
strengths in a nuclear environment with high sound and
Alfve´n speeds, but it will also encounter all the complexities
of the high-density nuclear and neutrino physics that com-
plicate long-time evolution calculations of neutrino-cooling
proto-neutron stars in supernovae. This ambitious undertak-
ing is deferred to future work.
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APPENDIX A: NEUTRINO FIELD AROUND A
TORUS
In order to assess the quality of the approximate neutrino-
transport scheme used for the BH-torus simulations in
this paper – denoted as AEF (algebraic-Eddington-factor)
scheme hereafter – we present here some results of a com-
parison between the AEF scheme and an accurate radia-
tive transfer solver. For a detailed description of the AEF
scheme, its implementation, and various additional tests, we
refer the reader to a forthcoming paper (Just et al., in prepa-
ration).
The hydrodynamic configuration is essentially given by
the state of model M3A8m3a5 at evolution time t = 50 ms
(cf. Panels (a) and (b) of Fig. 5 for contour plots of some
thermodynamic quantities). However, for this test, we only
evolve the neutrino radiation field while keeping all hydro-
dynamic quantities fixed. Moreover, to facilitate the com-
parison with the reference neutrino scheme (see next para-
graph) we now ignore frame-dependent effects in the neu-
trino scheme, i.e. all velocities are set to zero, and for the
neutrino interactions we only include emission and absorp-
tion by nucleons.
To judge the results of the AEF method, a reference cal-
culation is conducted with a more accurate (but also com-
putationally far more expensive) neutrino scheme, namely a
ray-tracing method (RT hereafter). In the RT method, the
time-independent Boltzmann equation,
n · ∇f(x,n) = κa(x)
[
(f0(x)− f(x,n)] , (A1)
(where x and n are the spatial coordinate vector and the
neutrino-momentum unit vector, respectively) is solved for
the distribution function f(x,n) by direct integration along
straight rays directed towards n, given the absorption opac-
ity κa(x) and the Fermi distribution function f
0(x) (see,
e.g., Birkl et al. 2007 and Harikae et al. 2010 for related
approaches in the context of neutrino transfer). In practice,
for each species, energy group and spatial grid point we inte-
grate Eq. (A1) along ∼ 60 000 ray directions, corresponding
to an angular resolution of ≈ 1◦. We checked that all rel-
evant quantities are numerically converged to better than
∼ 1 % with respect to the number of rays and the step size
used for integration of Eq. (A1). The spatial and energy
grids are identical in both calculations and directly adopted
from the time-dependent simulation (cf. Sect. 2.2), except
that the radial domain is now restricted to radii r <∼ 500 km
(corresponding to ∼ 250 radial grid points).
In Fig. A1 we summarize the results of both calcu-
lations. A satisfactory outcome is the fact that the lu-
minosities with {Lνe , Lν¯e}RT = {4.88, 7.13} × 1052 erg s−1
and {Lνe , Lν¯e}AEF = {5.93, 8.25} × 1052 erg s−1, as well as
the mean energies with {ενe , εν¯e}RT = {14.0, 17.2}MeV
and {ενe , εν¯e}AEF = {14.6, 17.8}MeV (cf. Fig. A1, Pan-
els (a), (b), (d) and (e)) agree fairly well, with the AEF quan-
tities all being shifted by at most ∼ 20 % towards higher val-
ues compared to the corresponding RT results. Also, the lo-
cal distributions of the energy-integrated energy density, E,
and flux density, F , (compared in Panels (a)–(f) of Fig. A1
for electron neutrinos) agree quite well in the bulk of the
torus and close to the equator.
However, the agreement of the local neutrino distri-
bution is not everywhere perfect. For directions closer to
the polar axis the neutrino density obtained by the AEF
method appears to be overestimated by factors of up to ∼2–
3 while being underestimated by up to few tens of percent
between the polar region and the equatorial plane. This fea-
ture might be the consequence of the constrained ability
of AEF schemes to correctly describe the superposition of
oblique radiation fronts (see, e.g., Skinner & Ostriker 2013;
Sa¸dowski et al. 2013 for more comments on this property,
which is closely related to what is sometimes called “two-
beam instability”). From the mathematical point of view,
this shortcoming can be understood from the fact that the
moment equations in the AEF formulation are non-linear,
even in the optically thin limit, owing to the generally non-
linear closure relation for the Eddington factor, whereas the
original Boltzmann equation is linear. In our case of a radi-
ating torus, neutrino beams that stem from different loca-
tions on the torus surface and that should cross each other
without interaction are instead slightly deflected into the ra-
dial direction, thereby causing an artificial enhancement of
the neutrino density around the polar axis and, in turn, a
corresponding shortage of neutrinos propagating along their
original directions pointing away from the axis.
As can be inferred from Panels (g) and (i) of Fig. A1,
the net neutrino heating and cooling rates, Qν , show good
agreement inside the torus and near the equatorial plane
but an enhancement in the polar region compared to the
corresponding RT result, very similar to the behavior of
E. In Panels (h) and (j) of Fig. A1 we show the elec-
tron fraction corresponding to local neutrino-capture equi-
librium, Y νe , which is approximately computed as Y
ν
e ≈
[1 + Eν¯e/Eνe × (ε4,ν¯e − 2Qnp)/(ε4,νe + 2Qnp)]−1 whereQnp
is the mass difference between neutrons and protons and
ε4,νe ≡
∫ ∫
4νf dΩdν/
∫ ∫
3νf dΩdν with the neutrino en-
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Figure A1. Comparison of the neutrino
radiation field emerging from the con-
figuration of model M3A8m3a5 at t =
50 ms as computed with the ray-tracing
scheme (labeled RT) and with the algebraic-
Eddington-factor method (labeled AEF).
Panels (a), (d) show color coded the energy-
integrated energy densities, E, and Pan-
els (b), (e) the (absolute values of) flux
densities, F , of electron neutrinos for both
schemes, while in Panels (c), (f) the respec-
tive relative differences of the latter quan-
tities between both schemes are depicted.
The arrows in Panels (b) and (e) indicate
the flux-density vectors multiplied by 4pir2
scaled such that the maximum arrow length
corresponds to ∼ 4×1053 erg s−1. The mean
energies, ε, listed in Panels (a), (b) are com-
puted as ratios of luminosity to total num-
ber flux, both calculated as integrals of the
corresponding flux densities over a sphere
at radius r = 300 km. The luminosities,
L, are given on top of Panels (b) and (e).
Panels (g), (i) show the net heating and
cooling rates due to β-processes with both
electron-neutrino species, Qν . Finally, Pan-
els (h), (j) display the electron fractions for
local neutrino-capture equilibrium, Y νe . The
yellow line in each panel demarcates the net
cooling from the net heating region, i.e. it
coincides with Qν = 0.
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ergy ν and momentum-space solid angle Ω. In contrast
to the heating rates, Y νe only exhibits deviations of up to
∼ 10− 20 % between both calculations, which is due to the
fact that this quantity mostly depends on the ratio of the νe
and ν¯e energy densities and not on their individual values.
Owing to the fact that the spatial emission characteristics
of ν¯e are very similar to those of νe in both cases, RT and
AEF, the energy ratios match rather closely between both
calculations.
The test results are encouraging concerning the main
conclusions drawn in this paper. Assuming the setup is rep-
resentative for all models investigated in our main study,
the above results would suggest that the global neutrino-
emission properties and therefore the cooling and (de-
)leptonization behavior of the bulk of the torus are probably
captured rather accurately. Consequently, it could then be
assumed that the conditions leading into the ADAF phase
and to the development of the viscous outflow are described
properly. Therefore, the properties and nucleosynthesis sig-
nature of the dominant outflow component and, hence, the
main conclusions drawn in this paper, should be fairly ro-
bust with respect to the neutrino scheme. The deposition
of energy and lepton-number by neutrinos in the surface
layers of the torus might be systematically overestimated
due to the artificial overabundance of neutrinos near the
axis region. This could imply that the neutrino-driven wind
masses, which are already small compared to the viscous
outflow masses, are even overestimated in our study. In con-
trast, the nucleosynthesis properties of the neutrino-driven
ejecta are likely to be robust because the electron fractions
are driven towards high asymptotic values of Y νe ∼ 0.4−0.5
also in the RT case. However, since this test only examines
a single static torus configuration using simplified neutrino
interactions, we refrain from speculations about the quanti-
tative error introduced by the approximations of the AEF
scheme to the time-dependent BH-torus models considered
in this paper. The quantitative difference to accurate neu-
trino transport in torus evolution models can ultimately only
be revealed by comparing to neutrino-hydrodynamics simu-
lations including a Boltzmann-type transport solver.
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